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i | ‘tus. Quoniam  antem vidimus, non omnes iftas aequationes  §
| o concurrere ad valores fingularuin formularum determinandos,  §
) , - opus non mediocriter fubleuabitur, fi ‘quouis cafu eas tantum  §
‘ ' - aequnationes in computum ducamus, quae immediate ad de- §
’ ~ terminationes formularum perducant, quemadmodum hic pro  §
| - cafu z2= 10 {um oftenfurns. S | ]
DE- §
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enere (10, o)==

. ,__.._..
" - ,i l:‘g

"~ xber Bx

V(-

pientes funt (Io., I) el S

xIO)ID-— q

hamm formularum pro cafu "= Io, vb1 formula

q—rax

Y (1~

10 10-—-—?

Hoc cafa ergo 'formu]ae valorem abfolutum re-
:QO? 2) =%, (10, 3) =

.
I et in

Deinde™ ‘omnes- foxmuiae, in" quibus eft®

p-rg=10, a c11culo pendent ideoque  pré cognitis habcrl
poﬁ"unt quas ergo propriis litteris dcﬁgnemus :

(I’ 9): 10 ﬁz.rw'_“'A, (6? )= IOﬁ:}fﬁﬂr-:T D,
8= =5 ()= =0y

Ioi:; o =G, _.(.,8-’-2)- -"—“—m{:; DES B,

f: | Co I>‘;i"i'?ﬁ:z-f':%ﬁ"_ﬁ’; ,
‘(59 5) = o {i , -

.forma generall contentas neu"thuam de*ermmazc lxcet, fed in= -
{iper aliquot formulas tranfcendentes- in fubﬁdﬂumvvocarl 0pOr=
t, ex quibus cum circularibus Iulbnﬁf)nlllﬂ(ftlb reliquarom
ium  valores aflignare llceblt. ‘_ Noﬁro Antem, cafu, ., quo
10y fequentes formitlas tangnam C‘Ogmtas fpe&m conue~

mlet, quae in ordine praecedenti, vbi #'— g9, erant cisculares,
: nunc




mmc autem in ordinem tranﬁ:endentmm tlanfeunt. Eas :lgmm*
fequenn 116do deﬁgncmns B Bt g

| : | ' (1 3)‘__1’. (2,&7)*—Q, (3,6)“1{, @_,5)—-—55

...M s \
i

Omnes in hoc ordine. »contentas detcrminﬁw px)tcn;nus.
' 1g1tur ,numerm :ommum fmmulamm 1 ‘-Eglallum, in hoc
- 7 == 10 contentarum it 45, €X s autem nouem vt cognit,

' fpe@entur, teliquae 36 Pex, 11as llttsras malufculas dctermnmn
debebnnt.

E o

§ 4.. 4 Iﬂas ﬂutem deﬁcrmmaﬁenes ex ﬂequanone ge~
nerali fupra demonﬂrata petl onrtct, guae lla_(;m_ forma 1:0111:1-
netur{' S e = }u t : T st e

(a, &) (‘3‘1‘5 ")-—-ta:ﬂ") (5‘4“':5)9 .
vBi aﬂ'umere dicebit ,femper efle é}f;” ﬁﬁﬁiﬁhm, f f'oret’ c=5,
aequatio foret identica. Pumo igitur vt hinc aequatlonf:s,
qmemammedmtemdetermmauoues praebeant, nancaﬁ:amur, Tuma-

mus a—+b5=1o0, vt fit (10, c)_},, tum vero capiator ¢ =5 — 1,
quo facto pro g ordine feribendo OUMEros.. 1,, 25 8y etc. fev
quentes. prodibunt detcrmmamones :

| . .n
(93 5)3 ﬁue : B — Q (99 8) ‘clg@ 2

'._._.._;".Bi f

_;.L 9?, 3 ﬁué‘ 1 C — R G, 7)7 ergo -
Ny e

G 77 YL P IO




== [I21) ——

Eas igite (4 6) (10,5) = (4 5) (o, rs), five 3D =S (5, 6), ergo

e (9, 6) = : |
::S"' (5, 5) (105 4—) = (5, 4) (93 5)9 fivze ;E = 8§ (9: 5)9 €rgo
) =P, ) . ' (9, 5) =
. cognitos (6, 4) (10,3) = (6,3) (9, 4), five {1 =R (9, 4), ergo
formulas (9 40 =
us..  Cum; r
c O (7,3) (x0, 2) =(72) (9, 3)5 fine 3 C — Q@: 3): €rgo
-x:o_gﬁitag (9,8) =
eterminari (8, 2) (10, 1) = (8, 1) (9, a), five B --P (95 2); ergo
(9, 2) =

-5
fione ges
ma conti-

-

§. 5. Ex formulis igitur incognitis illis numero 36
iam olto determinanimus, quae nobis viam {ternent ad nouas
" determinationes , quas primo deriuabimus ex aequatione gere-
- rali famendo a=—=z1, f—g9, et .pro ¢ {cribendo ordine nu-

oref ¢=4, ‘§. meros Ty 2,8+ + . .8, vade calculus ita f& habebit :

nationes,_ _ N . . e
i} ima (1,9) (10, 1):(_1, 1) (2, 9) A = (1, I) = ergo (1,1)— =X
_b_ Iy i .GI’ 9) (20, 2) = (1, 2) (3, 9)1: A __—_(Ia 2) 2 i _crg_o (1,2) :AQ;

ec. fe- (1,9) (10, 8) = (15 8) (4, 9)|s A=(1,3) % ergo (17 3) = fr:

(7, 9) (10, 4) =11, 4) (5, 9) 1A =(1,4) X ergo (r,4) =12,
(1, 9) (20, 5)=(3, 5) (63 9)1s A: (x,5) % ergo (1, 5) — ﬁf ’
(1, 9) (30, 6) (1,6) (‘799/ s'A-: (1,6) = ergo (1,6):%,
(1,9) (Ioﬂ 7) = (1, 9) (8, 9) A =(1, 7) s elgo '(%7)‘—:%9
59) (10, 8)=(1,8) (9, 9, [{ A = (1, 8) & exgo (3,8) =41,

1)y ergo’
Jy BIBG
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hocquc modo feptem nouas determinationes fumusg adepti, .
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§. 6. His autem inventis confideremus aequationes ex
valoribus g==1, be=8, ¢6=I, 25,83 « -+ + « « 7

pEY

ortas , -eritque 1
(1, 8) (9,1) = (1, 1) (2, 8)
(5, 8) (9, ) = (1, 2) (5, &)
(z,8) (9, 3) = (1, 8) (44 8)
(1, 8) (9, 4) = (1, 4) (5, 8)
(1, 8? '(97.5) —=(1,5)(6,8)
(1, 3) (_9: 6) = (1, 6) (7, 8)
(1,809, =(1,7(8,8)

determinationes : o
(157) (85, 8) == (1, 8) (45 7)
‘(.Ia ?),(33 4) = (_Ia 4Gy
((Is 7) (8,5)=10(,5)(6,7)
(1,7) (8,6) = (1, 6) (7:7)

§. 8 Sumamus nunc € ==1, #==6, ¢ == 4, 5, exit-

que '
(z, %) (75 4) = (1, ;4-) (75‘9 6)
(1,.6) (75 5) _—__-.(In 5) (6, 6)

Ha&enus igitur omggs formulas’ (p, g) determinanimus, in quis
Ex reliquis autem, vbi p <+ ¢ < 9, iam nadli

bus p+ g >10.
fumus iftas «

-

122)

AP=(5, DB
. B = (37 _8) “Ac—o'
(45 8) EDE
= (5,8)%
= (6, 8) %TS
= (7, 8) 5(:_11
=(8,8) %

CP

—

¥ e
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3 wle R wl
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o
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C =4, '7) ED—R

‘—'—2:: FG? 7) 55:—

PQ — A8
%_(6’ 7) D
PETQ —m AR
553 —(777)7

D =(5,6)%

DEP
2B S

— (6, 6)556

identica.
(3,8) = z—gw
(4,8) = gi—D;E ’
(55 8) :_-'—;fTPS 3
(6,8) — E% ’
(7, 8) — %1_1_{1_-5 3
(8, 8) = :;(:;;7

§. 7. Nouas determinationes reperiemus ponendo: a¢—1,.
b=+, ¢=23, 4, 5, 6; hinc enim nancilcimur fequentes '

)= 529 ficq
(5,)= L22X, (3
(6? 7= aD;.DBERPst ?

CDEPQ

(77 ~ 3aBxss’?

(556): J]%, Ij
— DDETP g
(6 6).— za8ss? - Vni

(Is 1)




= (“‘3) mm—

(1, I>7 (1, 2)y (15 8)5 (1,40, (2,5), (I 6)s (T59)s

ita vt adhuc determinandae relinquantur iftac :

(25 2), (2 3_)a (25 4)y (255), (2,6) .
(3,8), (38,4 (38:5)5 " _ -
(49 4+

f

~ §°9. Pro his inueniendis fumamus #=—1 et ¢—1,
pro & autem ordine capiamus numeros, 2, 3, eIC. aque con-
fequemur las aequationes

(1, ‘2) (3, 1) — (x, 1) (2,_2) uu = (2, 2) 42| (2, 2) ::‘%1—:- 5
(5, 2) (e ) = (3, 1) (2 ) 2231 2= (2, 0) 47 (5 8) = 222,
(1,4) (5, 1) =(3, 1) (25 4) %E‘s— =% e |(20 4) =222
(1, 3) (6, 1) = (1, 1) (2, 5) [L42E — ,s)“’ (2, 5) = 2222,

ficque etiamnunc’ determmandae 1ef’cant formulac <(3,3)s (354)s
(3,5) et (44

§. 10. Pro his fumatur e =— 1, c=—2 et F=—3, 4,
5, etc. tum enim prodibunt hae acquationes: _

- (1,8) (49 2) == (3,2) (3,3) | 222222 = (3,3) 22| (353 ";%%s—é
(1,4) (5,2) = (1,2) (o) | 2er — (H D F (3,4) = %557 »
(x,5) (6,2) == (1,2) (395) ARQRS —(3,5)2%2|(8,5) = ’%57-

iac -aequatione : (1, 4) (55 3) = (1, 3) (4»4) definietur; erit
N A.SS

A..LRSS — AR
enim 2222 — (4 4) %, ideoque (49 4) =35

Q 2 | | §. Ii‘.

(3, 6) (3 )= (1, T) (2, )| 422 == (2, 6) 47| (2 6) = {233

Vmca ergo formula 1eﬂat determinanda, feilicet (4,4), quae €x

A1




§

¥,
alfedui exponamus, quoni
45 igrmulae integrales occurrunt , fi €X iis

.

. 'tentur nouem feEquentes :
(1,9) = A, (5,8) =B, (3,;7) =C, 4:6) =D (5,5) =F»

.Vt nunc-.omnes has determinationes fimul
am in Loc ordine # — ro ompino
vt coguitae fpec-

(1,8) =P, (2,7) —Q, (3,6 :R: (4050 =5,

reliquae

b3t

triginta fex ex his~fequenti modo det
L3 ' L
Lo (9= | 9 (HO= K
. L _ s
2. (97 8) -'— ;C_Q' 20, (37 5) - }I:PS .
3‘_ (9, ‘7) ..': EE: 2l (49 4) = EE
w 00= 5 | e (68 = e
| 2- G 5)‘:. m 23. (55 8) “—:-?ﬂpﬁ
o= | e BB = i;fss ‘
y ——— £ - - — DE -
7. (9, 3) : gﬁq‘ 252 (7, 8) == 541{.«:
8- (9° .2) = 7 | 26 (8,8) = :Acqi
9. (1, )= % 27 (22) = ACI;%;:
: _ — A
ro. (1,2)— %% 28. (2, 3) N H
1. (¥,3) = 55:-‘ 29. (2, 4) = %
12, (I,4)== % 0. (2,5) = Tr¥
. (u)=F e 67 = T
14. (1,6)= ;E(; 32. (67 6) — D :.)BESIS.
I5. ) = 5T
5. (LD=5 33. (8, 4) — 223%
6. = | =
I ;(.‘31 8) — e ‘34 (67‘ 7) _— :_fﬂﬂ%%
17 ('<‘.b 76; =i |85 (D) =G
X8. 5,.0) — — . T ABCRSS
i 36. (3, 3) =3ivzra

erminabuntur: - |

§. 12.




§. 125 ~Eadem methodo,. qua hic vfi fumus pro cafa

#.= 10, 11'1ud difficile erit ordines altiores euoluere; neque ta=-
men hinc adhuc elucet, quanam lege omnes determinationes
:Progredlautura quandoqmdem valores certarum formularum
continug magis éuadunt comphcm. Cetmum valores, quos
hic inuenimus, omnibus aequationibus in forma generah
: (a, b) (a—:—& ¢) = (a,¢) (a+c, b),

contentis fatisfacere deprehenduntar , “ita vt perpetuo aequatio
dentica refnltet, neque idcirco “ind€ ulla noua relatio inter
- Ktteras noftras maivsculas deduci queat. Tandem probe hic .
- notafle inuabit, .quod in omnibus ordinibus, praeter formulas
a circolo pendentes, commodiffime eze formulae, quae in or-
- dine proxime praccedente erant circulares, hic etiam tanguam
cognitae aceipi queant, quippe quibus determinationes cmupes
“optimo fucceffn perfici pofiunt.

'METHODYV.S GENERALIS
determmandl valores formulae
) ""‘f Lt HERRY e i L L
- » 1) — LR B
. ]/ (I ; ,.n)n—q 1/ (I u)n-—;i:\ o - %

a tefmino ¥ = o wvsque ad ¥ — 1 extenfa. - . \

Vbi i:}raetel formulas circulum inuoluentes, "in quibus
eft p+q—=nmn, etiam illae pro cognitis acc1p1untur “dn qulbus .
eft p g =n—1. . ' ,

I Cum aequatio generahs, vnde omnes hae determi- - ,
nationes funt petendae, fit
(a,0) (a5, ¢) = (q, f) (@6 5):, SR




-

-

vbi effe debet o> 1, ita, vt pro « accipi queant omnes nu

m— (126 i

famattir primo ¢ —# —a, b= a et ¢ =X & — x5 erifque ac-
quatlo : :

(n———oa,oc)(ﬂ,cx ~ I)H*(n—-oe,a——x)(n—--l, a),_ﬂ_
vb1 eft 7, 0 —1 = L. An primo, autem fadtore, ob p=n—
et ¢ == a, eft p g —=n, 1deoque datur. In tertio autem au-
tem fadtore, vbi p—n—a et g==a—1, et p-g—=n—1,
1deoque pariter datur. Hinc' ergo colhglmus

_ b4 T, o) N
(?2 I, a‘)—a__z Cme—a e —1)? - - ‘

meri 2 2 vsque ad # —1x; at vero cafu a =1 valor f'ermu
lae per fe eft notus. -

-

H. In aequatione gemerali iam fumatur e =@, Er_
#—@—1 et ¢ =1, eritque noftra aequatio.:

Br—B=1) (=1, )= 1) (f3 -+ I, —f3 — 1),

ex qua aequatione colligitur ¢

B 1= — B a—B—1r—1, 1)
g+, n—pf—1) 9

vbi efle debet B<n—r1, ita vt hinc omnes formulae B,x
definiantur, a valore §;— 1 vsque ad f==#-— I, quo pofte~
riore cafu formula (n— 1, 1) per fe cognofcitur.

. T. 'Vt hinc etiam alias formas eliciamus , fumamus
2.1, b—=n—2, ¢ "%, vt oriatur haec aequatio :

(x, n— 2) (”_I';"Y) — (Ia'}/) (I“l“'}/a”““‘z)a
vbi primus factor ac tertius dantur per N° IL fecundus vero
per N°. L. vnde quartus’ derluatur, {cilicet : v

I — 2 -—-—-[I T‘-—'E.}(TL—I,']/]
(v, . (5, V] >

vbi valores ipfius 1 4-.a 2 > Vsque ‘ad #— 2 augeri poffunt.
Cum




Cum igitur per Ne, I fit

(ﬂ 17 p\/)"—" == .(n—ry,ry_'.;ll H : .
tum YVero per Ne. 1L fit '-

f ooy — 1) [~ 1, T

— (s
- (vs 1) = (¥ A Y — 1)
his valoribus fubftitutis fiet

Bo— 2.1 jo— I (Iﬁnﬁzun‘_w:'\’”w—‘—'l,ﬂ-——'}'-—z)
(2 2 -l ’y) "y_'--—I (TL——’Y,’Y—-I)"}[}T‘L_ “""I)(n-——l 1]

IV. Sumamus nunc &= T, E:._rz—s, c__E, pro-
dibitque haec aequatio. .

(1, ”—“3) (”""273) — (I 3) (I'+'5 ”""3))
vynde colligitux

_ _(n——s,x)(n——z,b‘)
(ﬂ 3’I+8) . (8, 1)
vbi er o 1 -+ & continet numeros 2, 3, 4. e W B— 8,
ita vt hmc excludatur # — 3, I, quae autem per Ne. L. datar.

t ﬁ valores ante reperu {ubftituantur , fiet "

_ — :' (n--s,n)(n—z,:]tn—a“+x,€—11(6‘ n-6u6‘+: n-—&-—-:)
(ﬂ 3’I+3) (n_z,znn——ﬁ‘-i-l,ﬁ‘—-nuﬁ’a—q B ) | B— T }{8, 0 — ) b4

‘nde patet eﬁ"c dcbere 32, codemque modo pro praece- .
denre formula o > 1, itd vt hic excludantur cafus (n— 3,1),
(n— 3, 2) 4 -quorum qu1dcm prior per Ne L datur, alter

ero per fe. : Cous oo

V. Statuamus punc ¢l b—fz-—q. = & pro-.
dibitque haec aequatio :-
@) (—80 = (59 <z+e,n-+>,
¥nde concluditur’ _

(r— 41+ = ‘”*‘h’(: =23
‘\'bl ﬁ loco #—3;¢ valor ante muentus fu‘bmtueretur ,

e e

fa&of ' S
abfo- o




( I ~?2:'g ‘;) it A

I

_ abfolutus ingrederetur = ita vt effe debeat e3> g, ideoque
- I ¢S 4, vode hic excluduntur cafus (77,—4, L)y (B— 492)y
: (#— 45 3), gquoruin quidem primus ex N°. IL tertius antem
: per fe datur, medius’ VEro reuera manet incognitus. . -

VI Statuamus porro ¢ =1y b—n—35, ¢ =7, et
- aequatio erit

o (x z—5)(71!——-4)'—“(1 5)(1—1—4”—-5):
wnde fit

(n=—35,1-4+2) = ‘“—Sazz,(;—:;,él ,

vbi ob: formulam (#—4,J) debet eflfe &> 4,1ideoque 1455,
vnde hinc excluduntur cafus (n— 5,1), (B —35,2)y (B — 553),
(n—554), quortm quidem primus ex N°. J. conftat, quar-
tus vero per fe datur, ita vt hic occurrant duo cafus etiam-
nunc- incogniti ‘(n — 5,“2)_“et (mn— 553

VIIL, Sumh modo ﬁ viterius fumamus = 1, b=n—6 :
et € =& m , prodibit ' :

‘ SR CRanlU R S ok Rt U

vbi retiera occurrunt tres fequentes cafus: (#—6,2), (#—6,3),
{n— 6,4), qui adhuc manent incogniti, atque hoc modo pro-
gredi licebit, quousque necefle fuerit; vnde patet numerumt
-cafuum incognitorum continuo augerl, ifa vt terminorum p et
Filter futurus fit” vel-2, vel -3, vel- 4., etc. qui igitur cafus
adhuc deﬁmend'1 ref’cant

& - 4

VIIL Sumamus nunc primo ¢==1, b==0, c==1
vt aequatio noﬂra fiat ° :

@) @A) = G 1) (5 6),
vnde’




i e (120 s

vnde concludimus

alter terminus -érat ‘2.

I¥. Deinde fumamus a—a, b—==n et ¢=1I, Vvt
aequatio prodeat (2,%) (2 —+ux, 1) == (2, 1) (3, 1), vnde fit
(3,%) = :a,m::’-:)-u,n‘, :

vbi cum {2,x) per praecedentem N detur, nunc etiam i
cafus innotefcunt, vbi' alter terminus erat 3.

Ko Sumatui‘_.p_o_rro a=—13, b—n, ¢ =1, eritque
(3,%) (8 3=y 1) = (8, 1) (4y%), vade it

N — (3 r1 (3w, T
(4'7 K’) - U',-[] b
‘ynde igitur ii cafus eliciuntur, vbi alter terminus erat 4. Eo-
dem modo pro  reliquis proceditur; ficque omnes plane cafus
& .

in formula propofita contenti plene funt determinati.
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