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fae integrales 2 termino y=o vsque ad =1 extendantur, in
genere valor noftras formulse propofitae it repracfencari
poterit:
.\.Hﬁl- &L%.I.!!mll\;%:.xl!ln &m..hm.”mbu.nlnllllll
(+2y .@hc.dmﬁ.\..qmlal dy(x— m__"u.m. -1

Vnde fi fuerit = x et k=2, fequiur fore
dx pidy . dy yho-tdy

ﬂ — o ——
L sy =l Vo I V=) /¥
Jra i o=} erit

d ydy

e = =T
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cnius veritas fponte clucer, quia integrale prius generarim elt
-2, pokerius vero =1~V {z -7 ), quar, fafto x=co
er y = 1, viique fiunc aequalin. Caeternm pro hac integra.
tione generali notafie iuwabic , exponentem vnitate minorem
aceipi non poflfe, quia alioguia valores amborum “integrali-
Rm in infinitan excrefcerent

cendantur,
repractenc

V(i-%y

® s wencratim eft
E ¢, faflo ¥z
E -0 hac integra-

§ Jirate minorem
b rum integrali-
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A TERMINO y=o VSQVE AD x=xco EXTENSI

§ .1

D.suounazm primo’ inwegrale formulae propofitae indefini,
tum , awque adeo omnes operationss ex primis Analy-
feos principiis reperamus. Ac primo quidem, quoniam de-
nominator in faftores reafes fimplices refolni nequit, 6t in
generc eius faftor duplicatus guicunque z -2 xcof w-i-2x3
enidens emim &ft, denominatcrem fore produfum ex k ho-
jusmodi faGtoribus duplicatis. Com igitur, pofico hoc fattore
m=o, fiat x==celw-+V-—1finw, ehm ipl de
pominator duplici modo euanefcere debebit, fine fi ponatar

g—col w-+V—1iin @, fce

x—=col. @V~ 1 fin. .
Eonftat autem omnss poteftaces harum formularum ita com-
mode exprimi pofie, vt fic

(cof w4 V~rfinYP=colAw-EFV—1finldw,
hinc igitur eric
at—=colkw+4V—1fin.kw et

xt=colzkew - V-1 6n 2k,
Suln
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subiticuzmus ergo hos valores et denominator neiler ciader

cof. ool kgp—4-coll 2w =

1-2
+2V¥—qeof¢finkw+V-—-ifir.2kw

§. =, Perfpicuum jgiue e Lulus wcquationis tam
rerminos reales quam imaginarios feorfim & muwo collere
debiere, vode nafcuntur hae duse acquadones :

Li-gcollgeolbw4colcbwe—o
U —2colgfinbow+ fnzkuw—=c.
Cam igiur e
finnakpw—efinkweshLiow,
polterier scquatio induer hane formam: i
ccofldfin kot 2finkweol b,
quae per 2 fin. ke dinifs dat ~-cof k w—cof. 9, idecogue
coflabgw=coll2g—cof ¢ - fin, & =2 coll & ~ 1,

qui valores in aequatione priore fubfticni pracbent aequa-
rionen: identicam, ita ve virique aequationi farisfiac fumendo
ol & w = cof 4.

$. 3 Pro w igitur ciusmodi angnlum affimi opor-
ter, vt fiae cof, kw — cofl g, vnde quidem (tatim deducitur

bw=0, ideoque =4, Verum quiz infiniti danour an<

guli eundem cofinun habentes, qui praceer ipfum angulum
g funt 2w+ 6, 47+ 6, 67+ 0 erc. scque adeo in
genere 2ig 4 4, denotame i omines aumros  integros ,
quacfite noftro fatisfice, faciendo kex=—2¥7 -+ 6, vnde

colligitur angulus o = =51, fieque pro o o nzncifeeremus

innumerabiles angulos fatisfacientes, quornm autem fufficier
101

it

bi

vl

ceqiatlonis  fam

v o tollere

v,
8 cofl 4, ideoque
—ocol G —1,

pra rnsn gl
facisfiae fiimendo

i nom affomi opor-
B (tothn deduociour
f itinit dantur an-
ipfum angulum
arque sdeo  in
me0s  integros .
E ix-t 6, vnde
B . nencifteramus
o1 aucem faificiee
: tot

w2 ) sy ( S%

tot aflumfiffe, quot exponens % contine: vnitates; fuccefiue
igitur angulo & f{equentes eribuwamus valores:

£ 2wl 1WA Gmgd .a..un ellmalwad
BY "R TR TR YR PTTTTT g

Quod fi ergo angule @ fucceffiue fingulos iftos valores, quo-
rum numerns elt = 4, ribnamus, m.E.Es_m 1—aycolw4ar
omnes fppeditabic faftores duplicates noftri  denominatoric
1 — 2 atcofl g x**, quorum numerus erit — 4,

§- 4 Inuentis fam omnibus fattoribus duplicaris

-.r.ﬂ..—

neftri denominatoris, fraio =3 vefolui de-

1—2 x*col. g +
bet in tot fraftiones partiales, quarnm denominatores fine
ipfi ifti faftores duplicati, quorum numerus eft £, ita vtin

genere alis fraftio pariialis habitura fit elem formam :
A-j=Bx

— e

T GO0 Gl 6

guam infuper refoluamus in binas fimplices, etfi imagina-
rias, et cum fit

wx—2xcofy+1=(e—cofl -V —1fin. svhal coftw—V=1 fin ),
ftatuantur ambae iflee frafliones partiales
£ -}~ &

allns:a“.—...l 1 jinuaa x—ugl B =1 i d
ita vt totum refblutionis negotium hue redear, ve ambo
numeratores f gt g dererminentur ; jis enim inuentis habe-
bitur fimma ambarom fraGionum .

— fagegr—if 0l ¥ —rF iRy
TN !

vhi mmmEn erit .
B=f-t-g et A=(f~g)V—rfina—(/ 4 colw.

Euleri Op. Anal. Tom. I1. H §. 5
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- §. 3. Per methodom igir Fraftiones quasctimiue
in fraftiones fimplices refoluendi facuamus

...... e f_ow
Il axtcofgatt — x—colw—¥ — 1 e+

vbi R comipleftizur omnes  reliquas fraftiones pardales. Hing

per & —cof @ — ¥ — 1 fin. @ multiplicando habebicur

. ™= cof] +«\Iu fin.
...._..|-| A_.» n,”w.m A xh ) =fR(v—cof o~V —1fn.c),

que aequatio cum vera effe debeat, quicanque valor iplix

tribuarur, fratamus ¥ —ceoflw 4V —1finw, v mem-

brum poftremum prerfus’ e calenlo roflatur ; eam vero in
paree finiftra , quia formula »—~coflw — 1 — ¢ fin, @ fimul
eflt faftor denominacoris, fafta hae fubflivmicne tam nume-
rator quami denominaror in nihifam abibung, ira vt hinc ni-
kil concindi pofie videatur.

§ 6. Eic jgimr veamur regula notiffima, et loco
tam nuneratoris quam denominaioris corum  differentialia
feribamus, vade nofira aeqiatio aceipie:r fequentem formam;

ma T = " enl g Ve :.H_.Pv

—sha T b g2 BT
mam. ms D Golw - V—1fine) ,
shncolf—akbat =f
pofito feificer x= eefiw 4+ ¥ — 1 fin . Tum autem erit
at—collmep-—+V —a1finmw et
£ (ol w+¥V -1 ne)=x"= ¢ mw+V—1fnme
et pra mScBS.:o_n
tocoflbw -V ~1fin ko e
#hocolebw--V—1fnz2tw;

vnde

(ruascunque

o= --R,

Gt o

g a:itales. Hine

s chitar

V- 1fine),

b - valor ipfi %

g, VL WCM-
cun - vere in
t fin, @ fnul

E - iam nume-
E -a v hiug ni-

| i, et foco
£ 1 dilferentialia
¥ ocem formam :

)

de,

Jm auiem crit

st V—1finme

vnde

wfHd ) 59 ( God=
vade fir numerator
" —coll etV ~1linmy
et denominator
—ateoldcofl hew--2fcollsbew
—afkV—acofigntw—+c2hk¥Y—1finzie

§. 7. Pro d.nominazore reducendo recordemur, jum
fupra inuencuny ¢lle colldw . colig, vode fic din.fw=0n.g,

. IR vero

coli2bw=colled—=acollg’—1 et finzkw—2lingcold,
quibus valoribos adhibitis denominaror nofter erit
akeol §'—ok 24k V—~1lingeof. g rfum fin.@+24V-zfinge: g

=—2 fhn.6(fin. -V~ 1col 3.
@zmao?.na hee valore adhibite habebimus
L N eV = flL MW

— Rl A (¥~ coedr Tedp ®
Simul vero bing {ine nouo caleulo deduccmus valorem £,
quippe qui ab f radone figni ¥V — 1 rangum diferepas, fic-
que eric

_whnusV— i nmw

&= SEwpd ink v~ t00.0)

§. 8. Inuents autem his liceeris F et & pro liteeris
A et C coliigemus primo
o GQad il Vit fiade0s — JinImus—g
.wﬁ I.T.M.lnn fejand” - ._.m YT
thm vero etic

gy e Yimrof{mu—4)
.\. &= ajmd 7

Ex his igitor reperiemus

H =2 8=
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— Jin (A=t ’
8= TR et . . e

e fitetssofl mua = )ctfotifin. (Muo—#) e (M=) =c}
A= kg ~ ki !

vbi ergo imaginaria fponte fe¢ mutuo deltroxerunt,

§. 0. Tnuents his valoribis A et B inueftigari
oportet integrale partiale fAFBIIE_, vhi, cum deno-
minatoris differentiale fic

axdx=—z2dxcolw=z2dx (x—cof w),
ftatwamus

A-pBr=B(x—col)4-C, eritque C=A--Beollw,
hine igitur eric

c — €of it (e B ) aam [, (M 00 e s ) .

- ki
Quia vero
— fin. (mey—6—ew) =— fins. (e~ @) gofl w+ cof. (mw—4) fin, w, erit

— fit. o). (mw—4)
n - in —

Hac ergo forma adhibita formula integranda {2332)= Gi.
feerpatur in has duas partes:

‘B{X—ctf widx Cdx
TR0 W R - et e

Hic igitur prioris partis integrale manifefto oft
BIVv({(t—2 .«nonslTa.&v.u

alterins verc partis facile pater integrale per arcum cir-
culi expreflum iri, cuius tangens fie ~E8=2—. Ad hoc inte-

r—aofw
grale inucniendum ponamus

Cd= — afinw
.\.-lums-...ﬂ...r_..cum.n =D. Aang T—a0g @

£t

TR,

B inuetigari
cum deug-

1 cA4-Beollew,

g —4) fin, w, erit

‘H:w

§ er arcunr cir-
Ad hoc inte~

[ 43

!vm\l..u.w u &1 ﬁ M\n.nw..a

et fumeis difforentalibus, quia 4. A tang. £ acquale eft - it
habebimus :

3

cdx — D dxfinw
t—axifiwt iz T I AR
¥nde manifefto fic
— . L —ofi{mu—yl
D= Jne T TR

§. ro0. Subftitvamus igicar foco B ot D valores
modo inucntos et ex fingulis factoribus denominataris

1 — 2 x*cofl § 4 x°%,

quorum forma eft £— 2 veoll w+ ¥ &, oritar pars integra-
lis conftans ex membro Jogarithmico et arcu cirenlari, quae
erie ’
Lﬂ_mw_.h V(1—zaxcolw4xx) 2Ll A tang H...Hmm
guae euanefcit fimto ¥ — o, Tn hac igirar forma rentum
opus eft vi loco @ fucceifine feribamus valores fipra indin
catos , feilicer : .

— 2 M-l 4X—F STl
W=, VS, R, AR, e

donec perneniatur ad 22" wum enim fomma omnium

harum formarum praebebit torum- integrale indefinicum for.
mulae propoficac.

§. 11, Poftquam igitur integrale indefinitum elicui
mis, nibit alind fuperett, nifi ve in co fachmus & = oo,
quo fato pars logarichmica, ob
V{i—zxcollwtaxa)=x~—cofw,
erit B/(x—colw) Eft vero
I(x—cobw)=!x—92—1g, ob oo

H 3 quamn-
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guamebrem .80 x = oo quacliber pars logarithmica hahe=
bir lane fo mam: L=2* 74 {x, Deinde pro pariibus 2 cire
culo pendensibus, filfto v = oo fit

Fmw — v —

Py Jeord tang, @ — tang. {7 — ),
ficque arcus , cuins hace eft tangens, eric — @ — o, hine-
que pars circulacis quaccunque fier. S22t (p— ).

§. 12, Com quiliber valor enpuli win genere hane

hubeac formam; 22270, erie angulus

i~ Q - ullaiﬂlk...am«lllﬁ & T—w= EI\M-.&-
‘Ponamus brevitads gratia :
#kom) ma

e Tr=w, vititnw—0=2ig~2,
vbi loco § feribi debene fiicceffiue numeri o, 1,'2, 3, ere. vs-
que ad £— 3, Hinc igtiur i cmnes paries logarithmicas
in vnam fommom colligamus, ea ita repraefentari poreric :

pg(—nd+fin(2e—~&) s in(4a—EH-n(sa— &
Afin Qo= --- -4 i (k—-1)a-&))
vbi quidem ex iis, quac huftenns fune cradits, fucile fufpicari
licer, totam banc progreflionem ad nibilum redigi,  Verom
hoe ipfim Brma demosftradone munini neeeffe oft

§ 15. Ad hoc oftendendum ponamus
So—-findt finCa- +in(qa-&) ¥ - == - A i (h-1)xz- &)
muluplicemus virinque per 2 fin. ¢, et cum fic
sfin.gfin. @ =cofl (. — @) —col (&2 -!- &)
huius redultionis ope obtnchimus fequencam exprefiencm @
28

4

ithmica hahe=
wrnbus a2 cire

w — &, hine-

in genere hane

k h-ait=0

& .

f=z2dg—2,

3 2, By BIC. V5=
logarithinicas

| lnrari poeeric ;

+in(se-&
RCERDERYS)H

tacile fufpicari

 -edigi. Verom

ie eft

s

(-1 9)

fiz

. o)

soveluenem

28
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25l zeol(nt ) —col (o — &) +eofifa-2)

Feof. p—&) —col {50~ &)
“+eol{5a-&) - ~ -« — col {((2h=1)a-2}
—cof(50-8) - -==--
ypde deleds terminis e matno deftruencibus hibshiug
2Sliva=cofl(atey—cof.(2dh—1)@— &N

§. r4. Ponamus hos duos angulos, qui fime relich,
gtdmper(eb-1)a~2 g evitgue worum fumma
#rg=—zak Quia perro et =7, etikpd g am %,
Huonn$3n_ﬂmMﬁ“omoﬁmﬂmmn:.n:: mn_.%wun:mn.&:..::.:._2_:3

incegrum, Quare cum fit g = 2w — g, eric cof; g=col.p;
vnde paer jummam fuenwm nibi'o cffe acqualem , fieque
manifefum off, omnzs parees Togarichmicas , quae in intes
grale formulse noftras ingrediznenr, cafi % — co i muruo
deltruere,

»".. rs.  Progrediamur ipirur od partes circulares,
quarnm forma gencrais, ve vidimus, eff ¥ e=d

l#
. .I.. ._... E.:.a GH.E;
a:mavomno ] =" e g m_..lw.!..m t

A, giwa—Ct ~gy sl -
ST () S R (-1 ),

Hic ponatar ﬁmow._.o F=B et ¢—L—q, . forma genera.
. ea it g - ) 3 . . .
lis G 222m8 (y—-2ip). Quare fi [oco § foribaums ordine
valores o, 1, 2, 3, 4., vsque mm;ml. I, OMAEs paIes circula-
res hanc proyrcifionem conftituent =

i 1(yeold+(y 2B)col(2a-+(p-48) col. (4~ <)
=== e sy B)col (2(k—1)a - &)

Fonamus
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Ponamus igitur
S=ycof.&+(y—2 f)cof, ?.a D+ (y-4p)col (423
- - - (p—2(k—1)B)eol(2 (k= 1)~
vt fumma omnium partium cireslarium e 2, quac ergo
praebebit valorem acn&. tum formulae integralis propoficae,

cafie quo poft integrationem ftatitur & = oo, i2 VL totum
negotium in inneftigando valore ipfius S verferor,

§. 16, Hunc in finem multiplicemus virinque per
2 fin, ¢, et cum in genere fit

2 fin. g cof.p = fin, (@~ ¢)—fin.(P—2)

hac reduétione in fingulis terminis fadta perucniemus ad
hanc acquationem :

25 fin, =y fin. e+ yin. (e~ (y—28)fin. (30—4)
—(y—2 B)fin.(a—~(y~45fin-(32—2)

+p-48)n. (568 - - - - H{y-2{k-1)B)fin.{=5-e-¢)
~(y—68)fin.(70~E) ~ = - ==

vhi praeter primum et vidmum terminum omnes reliqui

contrzhi pofline, ita vt prodeat

2Sfin.=yfin(at 2 Bfin(e- 2 4 in.(3e-D-+2 5 fin. (5¢-9)

N R (Y Bt )l Pa e

§. 17. Iam pro hac lkrie funnnanda ponamius porro
T=zfin(a-E2fin(ga-dabn(sa-24 - -~ 42 fin.(243)0-5)
¥t habeamus

2 S

coyeol(ga-9)
Yx--<)

Ty QUAG CTEO
-alis propofitae,
.. ira v tomm
{erir,

P

® i virinque per

£

B >crucniemus  ad

L (30—<)
L3e-9D)
V3 in.(ek-Re-E)

omnes  reliqui

g 2 fin.(5e-4)

1 pOnAMUS POTFO
8 - tin.(24-3"0-)

25
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28fin, =y fin. (@ )4y —2(k=3) B in.(2h-1)a )4 6T.

Tam mubiiplicemus, ve haftenus, per fin. @, et cum Gt
2finafin,@g—=col(P—a)-col{Pp-+a),

fafta hec reduftione nanciftimur

Thin,ce=4-cof &+ coli(20-E)+cof(40-E)+ - « - Heol{a(h-2)x2)
~cofl 20-gi-cof 42 ~colL (B} - » « —cofl{ 2{k-1)er-2)

vnde dcleris terminis, quae & muwmo defruune, remanebit
tanium ifta expretfio :

Tling=—coll d—cof, {2 (k—~1)a - S}
Cum igitur it @ —="F erit

e(h=1)g—ammg—23%,

guins loco feribere licer — 227, vnde ob & — ¥E=2 eric

T fin, @ = col. H579 — cof, (raitemn:

§. 18, Nunc vere noterur in genere effe
cofl # — cofl g — = fin, ;+aﬁ=..ﬁ.[m
quare cum fit
po i & __..L_& ﬂnm‘inﬂa.vxmnav , arit

m':v.la..a....o The~m} et 4= v.l.a._-.

2 TR

vide ﬁua_._:.:n mE.
T in g ==

.!i;:.;.t ideoque
maﬁ L g ob ez

§. 19, Hoc igitur valore T inuento reperiemns porro

eSiine= yfin. /e + £)- (y=2(—2)p)n(2k-1)a—<)
2 f3 fin. (LIHOEoiy

Fuleri Op, Anal. Tour. 11, 1 quac
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h mrl@em) — 4 4 & reducitur ad hanc formam,
2 3fin. = (y+28) (o {e+ &) +H(y-2(k—1) B) fin. (2 £~ 1)a- <),
quae ita repraclentari potelt:
28fip a=(y-+2 B)in{a+&) Hin(zd-1)x-d))-2kB fin.(241)x-E),
vbi pro pacte priore, ob

fin. p 4 fin. g = 2 fin. 27 cof 229 erit

tri—gket =k ~1)a—9;
vade pars ipfe prior fit

2(yp4ep)inabeof(k-1)ay~2),

vbi cum it gk =m 1, erit inpk— o, ita vt tantum {-
perfic

nm?.an,.l..mmﬁp?ml&al@ hincque

— Bkitnl wl:lnl Da-$) Efy vero

A mluva %.....uuaqw.illl._m_.a 3
omillo terming 2 m4 erie igime
.ﬂ.ﬁ:.?.dufﬁ: n)

S= x
~ fin. 57
ideoque vaior goaefins erit
t 7 fin, 2 flham}

kng =+ kb, mﬁ_._.l.

quae forma reducitur ad hanc:
ar (i Haﬁa.ﬂe..f:

kfin, g fin, 25 "

EIS

§. 20,

i

+ ad hanc formam

yB) fin. (2 £-1)a-€Y,
-2k fin,(2£-1)2-5),

4, orig

-<5 .

LK Sl %v )
, ita vt tantum fi-

| . .,.__. ) &~ £) hincque

§. 20;

wig ) 67 {

§. 20 “Conemplemur Lic ante omnia cafim guo

0=", et formula incgralis propofita abic in hang:
.\.V.S -1 i. r
PP

cutus ergo valor, fi poft integr mozna ponatir ¥=oe, cludet
ql.;;a,_nwév a col

—  kfin %I = ¥ tin, =._..m °
Quia igitur eft

m:.am..:am: "% coll 2%

& ™ = 2k ¢
ae . T . .
prodibic ific valor — 2 s Qui valor egregic conterne
- I bithe ”-Im
. . . X"y
cum <0, quem non it pridem pro formuly f el

fignauimus , 0 quidem loco £ feribatur 2 &

w 2t Euolwamus etiam cafim quo =g ot for-
0 ALY
mala noitra incegralis (1320 cuius ergo, fucto & = o9,

ﬁaE. crit
ﬂ?.ns Tk 46 T ﬁ:.:bm...,ea_.a

e el —— T T ey .1[11.. o m—

& fin. G an. LT & lin. X . g ’

Fluius antem vo;n:m:m fraftionis, cafu ¢ =@, ammmera-
e quam denominacor cuancleit; quare, ve cius veras valoe
erienr, locs viviusque cjus differenciale feribamus, quo fafto
di( 1~ ) eol (M7= 5)

ifta frafhe abibic in hane: - - cuius
) dgceol ¢ ’

vilor futo @ =7 nunae manifefto cft 1 ~ 23 fieque valor

| -1 : in~
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) L fom n onllie T
integralis quacfitms erit \1—7 ), prorfis vii in
TR

fuperiore differcarione inucnimus,

§. 22, Quo amtem valorem generalem inuentum
eommodiorem reddamus, ponamus 7-g=3, ferque fing=fin.z
et cof. § =—coll y; tum vero eric angulus

- —_ _

e =2 — 1,

cuius finus et fin.(x—2%)y, vnde valor guacfirus noftrac

L wfin {1~y .
formuolae eric —; L5%, atque hine tandem fequens

& fin, 9 fin, %
adepti {umus
Theorema.
§ 23, S8 haec formula integralis:
x"tdx

I3 b 2 X cofl 9 -4~ x*
a termino X =0 vsyue ad termimum %= oo extendatuy, eius
wfin, (x—2)y
= Kfiny i 5z o e can o
fin. (1 = 3) 9 = fin. yy cof. 21 — cofl gy fin. 22,
ifle valor etiam loc mode exprimi poteft : o
% cof 21 v fin. "

} {in, om . [

n.2F kraug. plin 2

valor erit

writis vl in

1 inuentum
¢ing zfin.

[firus noftrae

E dem (equens

W ‘cudatur, cius .

Evphmu...w u Qh ﬂ M...nnwar

§. 24. Confideremus nunc alio modo lune formu-
x" iyl y

fam integralem ¢ / PP
mina ¥ — o vsque ad x=—=1 ponatur — P, ciusdem vero
valor ab #—=1 vsque ad x = co ponawr =Q, i v
P - Q exhibere debear ipfim valorem ante inucntum,
Nunc vero pro valere Q_ inueniendo ponamus ¥ -, o
formula noftra ita repraefencata :
X" dx
tH-2xt ool g 4wtk gt

cr mm.,.ulw.q induer hanc formam:

y-n dy ___p gtndy
-/ 2y eoly gk y .a.\.%f.,wm.\rmm?.l, 1
cuius valor a rermine y = 1 vsque ad y = o extendi debet.
Commuratis igiwur his cerminis habebimus

2—mar
— y dy
p.lnT.\..q_»..T ayfcoll g -1

A termino y = o vsque ad y = 1.

eyt cuins valor a terw

§. 25. Quia in virague forma pro P o Q_eadem
conditio incegrationis pracferibitur, 2 termino o vsque ad 1,
nihil impedic quo minus in pofteriare locs gy feribamus a,
vode pro P~ Q habebimus hane formam integrafem :

AT b..,.r'él.
o el T
142 afcoll gy x
chias valor, @ terming x=o vsque ad X1 extenfus, aequa-

N L owiin (1~ 29y o
bitur huie expre(foni: R T R Comparatis  igitur
L PR T

| Y hig
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his binis formulis integralibus nancifcemur {eqoens Theores
ma notatuw maxime dipuum.

‘Theorems,
§. 26, Haec formuly integrafis:
Nalﬁl_lw..vlal. -

S I+ 2xtcoll g A-xth dx,

a tormino Xz o wsque ad terminum X =¥ extenfu, arqualis
rdx
I+ axteol g4 x*
X= O veque ad ferminmm X = oo extenfue : viriusque enim
win (1~{)y

valur erif ~— ———m—,
k fin. g fin. 57

eff huic forinulae integrafi s f s @ fermino

£in.
27, Quod i hane fraflionem: ~—-m—a- . 5
@ .ﬂ p - —.l.u N.ﬂ.ﬁﬂ@ﬁ.ﬂmlﬂﬁrr»
in feriem infinitem cuclvamus , quac fir,

finog -+ AN+ Bat 0 Catf - Dt L Ex® crc.
per denominatorem mukiplicando peruenicmus ad hane ex-
preflionem  infinicumn :

fag=fing+t A £ + Ba®* f Co* 4 D% 4 Ex® 4 P 3 o

~+-2fingcoly+2 Acol g4 2Beat;p-2Cool 42 Deofiy+2Ecofzp4- ere,
X +ling +A -+ B +C +D e,
vade fingulis torminis ad nihilum reductis reperiemus

1* A+-2 fingcolly ==, hineque A=—fin.ayg

2° B4 2 A cof, jFing=c, vnde fic B fin 3 a.

3° C+2Beol g+ A=o, vnde fit C=—lin 479,

4 D4 2Ccoll 34 B==o, vide fir D=fin579
[ €te.

.

na

g 0. 3

w Tleore.

1, arjuals

, & teriivo

E nique e

col 42

g ot octe

E 1 hane ex-

b vt 4 T 4 ere

g ol 2Ecoly+ crc,

. 4D ere,
B ierus

L -~ fin2 g
§ i fing
[ _ — fin. 477,
| = fin.59

ita

wfdd ) 91 { 3w

ﬁb. .uu A. .
rEzacol g -t T oluatur  in

ita vt aoftra frafko

hane furiem:
Gin.gy—a*fin. 2427400 3 g — 2 g7 Latfin, s g ete,

x"'dx-xton T dx
et polt integvationem faciamus x — 1, v¢ obtinsamms vato-
rem huius formulac :
=1 RISt . T
L
fin.
n u?\.a..T 2 atcoll -1
pro caft x — 1, hocque modo perucniemus ad geminas G-

§. 28, Multiplicenus sunc hane feriem per

1.k 1

_qQuentes feries :

frn _ finon g finsh fBrad 4 finen _ gyn -

m nk TR maesi mek

}.«ulﬁa.u&u ME.Iud...I..H_E Mulal.nill
MH#AI-:__m— umlz.—l.*l sk-m ur.tunl*lo.kl:.._ €ic,

Aggregatum igitur harum éuaram {feriesur iunftim fomearum

birar huicval (i (1 —F)y
aequabitur huic valori: e
& fin,

, vade fubiungamus ad-

hpe iffud Theorema:

Theorema.,
§. 20, Si g dencter angulsm guemcunque, litéeree
vero m ¢ k pro fubitu aceipinntur, ex iisque binae fequendes
Strics formentur ;

Jivn __fitem o fimern _ finam y fimsn

T Mk Tk ek —+ Med e,
—frun _ finoan S firean g fliin

P.lnaaE sh=m -+ sk~ sh=m -+ 6k - ic.
tentrins quidem fumma exhiberi potsf, wtrinsgue autem iwnétim

Jumtae fumma erit

B ot
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zln(1—-3)7
P4+Q=""%anTx
&
Corollarinm,
§ se. Quod R ergo angulum 7 infinite paruum
capiamus , vt fat
finy=y; nag=2y; fnayp=357y; o
quia in formula fummae fiet
o (1~ )y =C1—)7s
fi virinque per 7 diuiderus, obrinebimus fequentem feriem
geminatam

£ _3 LI .
N owk Mtk WSk -+ g 4R ete.

1 z 1 - + % —
akaiz  zk-m -+ =i skent + iR=M ete,

. . ] .
cuins ergo fomma eric (T - ..Emmmaﬂm vbi notetor, am-

K3
bas iftas feries non incongrae in hanc fmplicem contrahi poffe:
| - nk sk ak
ﬂuhrllﬂm ?_..._.m.:ﬂmy-f (mamak)fik—im)  @aakiss-m + etc.

vbi numeratorcs fime numeri quadrad duplicari,

§. 31. Formulae autem, quarum valores hattenus
inuenimus, multo concinnius et clegantius exprimi poffunr,
loco cxponentds m (cribamus k-1, tum cmm in valore
inecgrali inuento fice {1 —F )y =P at vero pro deno-
minatore fier B =7 ~ 57, cuius finus eric fin. 175 ficque

@ fin. )

noftra formula jnuenta banc induct formam: zm—— o " qgs
£ fin. 9y fin. %

quae ergo exprimet valorem huius formulae integralis

fa

m g infisite paruum

3Y=359; Co

f mus {equentem feriem

S ete.

- —

g . — eIc.

| =73 vbi notetur, am«

g
E mplicem contrahi poffe:
- - oo e

{in =AY 52—

B duplicasi.

B rum  valores ha€tenus

f rius exprimi pofiune, fi

tim enim in  valore

f, ot vero pro dene.

® ws cric fin,"T; ficque

armulae integralis

v

- o fin. %0

BYMAM ¢ T wds
kfin. 3 fin. 5

L

=38 ) 73 { Sw

K= dw
.\.u+na»noha+kn:
ab x = o vsque ad x = oo, vt e huius formmlae:
.\.a.u.-n.,_.aq.._.a.ia
1+ x*coll 4 &°%°

2 termino ¥ =o vsque ad terminum ¥ = 1; ¢ quUid virios.
7 fin, 21

que valor eit m.w.._.m‘& T i peripicunm eft eum manere
. a3

eundem, etfiloco # f{cribatur ~ #, ex quo prior formula itz
repracfentari poterit :

a.mn.lu__.....
.\.ﬁ + ¥col g 4wt

at pofterior formula ob hanc ambiguitatem nuliam plane
mutationem pacitur.

§. 32. Ponendo m=F%—x eriam feries noftra ge-
minata pulchriorem accipier faciem ; habebitur enim

h____..s.l.n?nd._._._..ua:lba..:
k-nu ualalTu_.ra o....._...+ CEC,

finy _ fineznm IT.:_..«u o dinam 4 ete

ey R T sk45 sk
. . win20 - .
cuils €rgo fumma eric } fin 27 Tuam vero fi hae FEmuias
. ..rukl l

feries in vnam concrahamtur et verinque pee 2 k dimidator,
obtinebitur fequens fummatio memorazu digna:
wlin2? finy =2finay afin.3y 4fin. 49

— - e p e tG-
2 kkG0.2F kk-un +§L§+e:é= ikt ®
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§ a3, Quod i haec poftrema feries differende:ur,
fomendo folum angulum 7 variabilem , ob

d.fin, 3= cof. 2% habebimus

mucolZ cofly 4col2y ocofsy 16col 4y

BT {o BT — - +— - -+ et
2k 2T Lh-nn  gkk-un chk-an 16kk-un

Vnde i famatur 3 = o, oriewr ita fommatio:

i 4 4 [+ {1
—_ e o+ —— e e BLG,
TE BT~ fhean thk-tn okbonn  16kk-an
fin autem fimatur g =00°=7, erit colly =0, cof 2= —1,
col: gy =0, coli 47 =-+1 ewc. vnde nafcienr fiquens

{eries @
smpcol?X 4 16 36 ' 64
e e e e e e o — I,
2h G0 T 4kk-nn T 16kk-nn 36kk-nn  Gghkmn
Qnia autem {fin. 57 = 2 fin JFcof 1%, erie usdem feriei fum-
1oy nw

2 Th R nne

A-W- m- " 3k

§ 34 At fi ferics illa §. 32 exbibita in 49 duca-

wur et meeprewr, ob
fdylinid=— Xcol2}, erie

n L
g ool n2 coflyy colay collam  colyy
C- T e i TR ST
sk T Lk -an shb-nn okb-un T 16kk-rn

Vi aneern hie confienten wddanduwu C definfanus , " fumamus
¥ = ©, fiague
v I 1 I

C-——ps- o r— o7 -k et
2uklint>~"kb-un"" gkk-nn" L hk-nn - ete
quare

B

3 difeiendecuy,

E dﬁ&.&
; m.@ﬂrnﬁ. €tc.
0
; 16
P amiamas oBE 7 N
8 Kx—-nn

.collagz—y,

B citer Gequens

- o ~r.oFCIe,
Sakh-un

g o fyici fira-

j .2 in d g duca-

iotkomn

13

-

n:.ﬁ 47

i

-f ete.

us, fumamur

.“..hia ~-j- ete.

quare

“Hf ) 75 ( e

quare fi huing feriei fumma alinode pareac, conftsns € de.
il pozeric. Surjes aurem baee in fequentem  guninaam
relolui poteft:

»ahnl.ﬂ.ﬂmﬂ|~ll..i.ulu+|m.lle1|ull+. ere.
BT 7k n cfan 3k ghkin
1 1 1 1
TR ska T gk T T

§ a5 Cum igior in Tutroduflions in Adualyfin Te-
Finitoram pag.. 142. ad lane perueinfivn {eriem

I I X X .
Fiwn  gkb-nn " Ek-un " 16kk-nn T O
T 3

TakrbntT aaa
Chic teilicet loco fitcerarum ibi adbibivarom m et & frip8
# et £) hoc valore adhibito noftra uacquado eris
T ¥ n

—_—— . Ty e

skt "oan  cakint ®

vide fir C = —--. Hine erco habebimus ifam fimmationem:

FXI X 3
R I ecolly  collay
ki 2un T kk an oqké-nn
cofl 3 9 eof, .3

A - ese,
h-nn 16kk-mn ¢

yuae ferics viigue o anensione digsz videraw,

XK. _ THEC




