y I
I"l— m(I ‘: ‘I‘ m( n+"—=>+ r-+.-,?!-+n’l+ )+thuw

oS- perduxeraf , .o~ magis- dignae- videntur ,. ve ab

bus en occafine. fumus Vi, multo Jatits- patent ,

mercio illo eplﬁahm {unc defumm ,, leCtores. hic. fla--

,m-%)é oy ') %cg,;¢
MEDITATIONES “
CIRCA. SINGVLARD ‘

GENVS

Auﬁorc
L. EVLERO

En commercio I1tterar1cr quod ohm‘ cum: Yloftrige-
t mo Goldbackio ccluerum' inter alias varii argu--
Imenti- fpecul :tlones,‘ ¢irca. fcrlesh in. hac. forma ge--
neraln: Lo

compreheu{é& fumus- veifm,_ earumque: {ummas {tra--
tatis, - Tametfi; autem: heiusmodi-{eries- raro - occnrre--
re:.folent .. parum.qpe,_.vrtl‘l_uqtzs-\,:po_llzcem- videntor |,
inveftigationes«tamen ., ads; ‘quas- eartay. confideratio.

oblivione. et interitn vindicenturr, quod methodz,qm—

ac forraffe qhquamf@ Amnalyfi. mﬁgnem viom. afferre
pofrunt._ Non"igitur tam Tpfam Hane ﬁanem’, etiam-
i in fe fpectata veutiquam fpernenda. videatur, quam
varias. methodes, quae ad ejus fummationem - perdu-
cunt , hic exponere. conflitui;. quae. quoniam ex com- -

i ¢ S tim*




MFDIT CIRCA “BERIES: SINGVL&RES ut’

tim in {imine* momtos velim', has muemgmones
maximam:- partem. acumini Ildfritimi. - Goldbachii'
efle .attribuendas.. Tres autem potifimum vise ad’
huinsmodis feries- déducunt’;. wuae; quoniam dnrer e
maxime funt divetfac, voamguamque feorfim exph-
cabo , quo, guantum quaehbet praeftet, facilins per--
ipici. pofiit. - ‘ :

Prima Merbozﬁlf
ad buismodi Jeries peruemiends..

1. Si:habeantur duae: ferics- quaccunque , qua<-

mm fumma conflet::

I'd-a-lc e "~-d J-ed-cte. = F ¢t

I—-}—a—|—~€+fy-{-3+s+etc.:u o
thim vero- mfuper feriei. ex. 1113 conﬂatae fumma fir:
cognita fcilicet 2 '
I+am+5€+6y+d3+c&+ctc._0
tum - illis? feriebus- in fe. multiplicandis colligitur :

I+4:I+&)+E’<E+a+®+"(I’i’a‘f‘g'{“T}’)etc%—-:-rﬁ_l_v -

o+ ta(4a)4-8(1+a+ by (1t et etc.

quod quidem” per fe: eft: mapifefium ,. quoniam in
- his duabus- pofiérioribus feriebus- occurrunt” produdta:
finguloenm: terminorwn- primae: feriei. per- fingulos
fecundae ;. xd tantum: notetor, produdta cuiusque ter-
mini: primae: i‘erlex per termicum- refpondentem. {e-
cudae, velutii x' 1, ae; b &, ¢, @& etc: bis occur--
rere . quae quia“in produﬁ:o ?u femel tantum repe=
riuntur ,., idcirco ad 1d mfupcr feriem. w. admngn

Bpoxtcbar.,h
S8 2. Quod.




+1__ X I : S ¢ ' X _p
;f 3m£1+‘2n)+‘m(1+ n.+ 3 ) m(1+ +3n++n) i _GfC.___

I X I I
1+ 51+ gw)+ n< + +,,m)+ (z+2m—1‘13m+4_m>+erc.,._q

s MEDITATIONES CIRCA*

2, Quod ﬁ iam feriei 1~ m+ + +et.,.

1
in infinitum continvatae fummam per S =
mus, vt fit

x - m+ "-'+ m-1— m—l—etc.:j“- et

I+,,,=+ + + —l—etc.__.f—*‘

fimilique modo pro fer,tc hing conflata :

L X X
I +2m+n + Sm_;_n."l— m+n+ 5m—:5-m+ efc. _._:-f

i o

atque ex his fequentes duas feries, gquae in forma
propofita- continebuntur , formcmus :

sx pr1nc1p1o fnpra ﬁablhto hqbeblmus.
P Q‘"‘f e +f

vnde fi alterivs ,hftrum du.xrum nougrum fericrum
famma vndecunque' Lconﬁflret, hinc alterius quoque
feriei fun* ma afﬁgnan poﬂet. bummas aatem fericrum

m.-Hf.

:ri-nm-{ 5-4« m-; ete. feuf——

hic vt coguitas fpeé’mmus quandoquidem quoties
exponens # eft numeras par, hae fumac 3 wme

per

a

o deﬁgnc-
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per peripheriam circuli funt deﬁnitac, pro cafibus.
autem duibus m eft numerus impar , fummae vera
proxzmac facile reperiri poffunt,

3. Quando eXpomentes 7 ‘et # fumuntur dc=
qnales binae feries inuentae conueniuat , hocque €rgo
cafu fequentem ﬁlmmationem adipifcimur :

' X
I n(:-{—nn) (:-;— n+3 s (x+—~+—-+ )etc,

:é(f@)z -+ 'ijz”i’
Quocirca i cafus particuIarﬁ;: confideraturi ponamus:
Idri i A d Fidaa=A =/}
T L L L et —A——f :
IS4 L L et =B =L
T ot >+ I —+—5++etc.:C: P
I+ Lk -l—;s.-}—;?-—}-ﬁc,::D:f;—;'
etc. |
fimiligue modo porro ¢
J5=E; [5=F, [L=G; Sm—= H; fi,=1etc
hinc confequimur fequpntes fummationes :
Itz (Fe )= (14 - J-—:—etc.:;AA—]— A
I3 (I-}---)—I—- S5 LY ete. = LAA--IC
| I-I—na(I-i— -)—i——fr—a— S+5L)d-etc.—:BE--IE
I+ (RS- L =) et =1 CC+IG

Tn(r - 5(1—]— s 5)Fetc. =i DD 1
ctc.

vbi




e T T o T

I+

vhi qmdem notari conuemt, primae feriei fumman:f
A elle infinitam ,’ rcllquaa Yero omnes ﬁnmb "

4. Ac fi eXPonentes e et n funt’ maequalcs
lioe modo. feries formae ; .quam contemplamur o.bu-
neatur ; gquarnm - quidem neatrius dfummam feorfim:
hac methodo definife. licet ; wverumuamen .ambarome-
ina@&im fumtaram furhma exhiberi poteft , - vti ante”

-oftendimits, - Quod; quo phmus ‘reddatur, - fimulyué

fesibendi gompendmm in vfum chetl.u, hums feriel
fummam s -

*‘-(-x=+ =)+ m( o + )+ (s +ﬂn+ +‘)“-‘tc°f'

f? 3"
hac fc11pt10ne f — (—) md,lccmus ita x; permon-

i

tatis exponentxbus habeatur j (—) Hxs notaus,

mucmmus fore . o

(-")f ()"—f f +f S}

Quodﬁ ergo aliunde alterins hqrum (éfiernm fumma.
ipnotuerit.,: hing alterius’ feuel futnma’ érit ‘coguita 3
atque plus ex hac prima methodo concludere non;
hcet, ex quo ad fecundam euolueudam progredior.

S’eczmdzz Methodus
ad bmzzﬂﬁodz ferzczr perucniends.

5: Seruata- pr’leccdeute notandi ratione perfpi-
ctrum. eft , quantltatem ’

jz—m;fgﬁ—/zm—!..a: : | ad
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ad fcqnentes%':'fefics linﬁnitas reduc ¢

*1.1 +2: 3"+3 4—"'%#0' ::_I— : "‘+ 3" “'+°tc'
: " TN SR 1

".P-l- 3“+="‘. R e +-i.,a\ DLy 3 5" et

T _ x ox '.t' ¢ |

*5 ﬁ;“+~-'-’.-’“.', Ea '?..6?+§F.?"+1.+“+ sty 6" - et

%.Tm+ ot n+ctc.+1 s 6m+ .,,+etc.
' LG, iEte.

fotumque ‘negotivm Fam Thinc wedit, vt fingvlae ime
‘feries :commode ‘fummentur, ‘quo “ipfo “vberrimus
«campus :aperitir pecﬂharia ferlerum genus. comple~
«&tens , «qquod «b woncinnitatem “per f& omni attentio-
#e dignnm’ videtur ., cetiam® cum dafticuto’noftro non
tam -ardo. "vmculo ieflet -connexum, ‘ ;

B. Hae Autem fummanones ‘commodius mueﬁx-‘
garl mequeunt, ‘quam fingulos ‘terminos, -quorum

T
m, ‘in ‘fractiones fimpliciores (-0
foluendo. Per ea autem quae de hoc argumento in
Introdu&tione ad .Analyfin ‘tradidi-, - patet hanc fra~

€ionem in fequentes difcerpis

forma eft

L S § ? B n(n+ )"I.'
a"a.'"—"‘lxa“'*‘"a"“" S 2a"‘f°$‘"*"""£

_ n(ﬁ+1)(n+2) T
— Ji‘u.aa”"’"’ ,xm“s.._}_ctc.

_Tom, XX, Nou Comm. =~ T ‘ -
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i

x e mo X nz(ﬂz-+1) R b
(x—i—fa)"—f L P e PP (xwl-a)“ :
: + ﬁz(m_;-k_xj(nf+2) ‘ i ctc.

, — I.2,.3g"FF (x+a)“_3
vbi teriendum eft , in inferiori ordine ﬁgnum fird
perins - valere, fi m fit numerus par, contia
7.¥ero . ﬁgnum, mt"eruIs, tum wero vterque ordo. .non
vlterius continuari debet, quam vsque ad. terminos vbi

. EXponens poteﬂ:a.tum 1pﬁus ® et x+ a ad vmtatcrm

rat A

""ﬁi':_,rlt dimiafitns. - o ' -

b

4. Hinc 1g1tur prwuo fammam hmus feriek
I I
ICa-{-I) m(a-i—z)“ 7 3 (a{—a)“ (a-i—4-)" y
deﬁmre 11cet dum in: forma modo exhibita loco xf
omnes. numcrl I, 2,3 ctc. in infinitum fubﬁltuun-
tur, et in vnan} fummam colhgu.11tm Ql_l.oman:y

B L] o+ % e

cmm omnes termmx ex formuh A ~5+ nati dant E';-

Lre
T : . : , te

riem- ‘euins fummam: per A f—-— exPrlmrmus, ex for=

&

mula autent A( e )x prd*it feries cuins ﬁlmmm

, I
et AH ~K (b g . ), el
naﬂrae fumma ita fe habeblt ¢ L - |
X ¥ a(stx) , =«
3’ f.—_ +[fzm_l .;[_. '(ﬂ n..,__";f-zlm-—z

a

s

s w(wtg)ate) S ete
' T - etC.
_ I,2.3aq"F3 T A

. g 3@ e

P—
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mo T m(ma-1)
mf—“‘r " m_{:&; gy 1 +_; ri:) f‘___*" L
R I, 8" z — XI. 2 a -'I"= 'y ".;_g v

o am(m)(m2) | 1 ) ;
} %_a‘._r.h;;'sﬂ’.."r*".? e |

l

"

1 .
'-i-—,r,( + -:I— +.,.J_.'_+ n)

— e 1 - L '
+ m-f-t{l“:i" »n._x“}';;“"',ﬂ_""’h}' n_x)-” | ‘

b i i

"

X
=)

— 4zz(m+ ), - T I
IMﬂ'mﬂ‘-.z E""r* 2::.-—::—]“ nﬂ;f—z mak N
'fﬂl(WZ+él) M 2) r 1 L E
: C + m-——3+ n-—.z+"“+ j—
N e s 5 Sl - gt
vb1 ﬁgms fuperxorlbus c{?z vte:ndum, quones m et
furheras wir ; contrd . wero inferioribus. © Exprefio
autemn haec femper eft finita, ‘quoniam Kf;trrﬂmq\m
terminorum ordinem Iautum vsque ad f t continnari
cenuenit. ‘

8. Tribuantur iam quqquﬁ: litterae « omnes va-
lores ab vnitate in infinitom ,” vt in voa {umma
conpleddmur -emnes feries infinitas prioris * erdinis

§ 5. ad ﬁm{’cram notatas ; atque -€artm fumma ita

mepenerur repraefentata** : F - -

e s S S I ﬂ('fﬂ'—}f'l:la Lt 7 z

‘i'T lh" . 20 f;'fﬁ#;fznﬁq\:\fzm—x—é— 1.2 f,,.n+z" zqr_;;.,.,? . .

L w(nt1)(n42) o

" 1, 2. 8 . fz“'*”‘fz‘""“ etc.

T = ‘ —=

—

w7

g
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T L
’ o,
w1 O /A
‘ _’Eifz7fn+l'fzf_l-—-x I[ m-i-l( 1 3
' mmt-1) . T T m(m—}-r) ‘1__ Ty g -
i I. gtﬂf@_—l—z n.—z__]"' a. zm--{-z (‘yﬂ—z
(m+1)(m+z) m(m+1)(m+ ) % 2
) =L 208, ‘,,fz”‘"-*'%f "“_f‘.. U A z"f"“s( i
£ et -
Snm111que«~ modoﬁ permutandls~ cxponentlbus moet n
fumma: orietur: alteriuss feriernm: ordinis- ad deX--
prame §.. 5. difpofiti:.  His- igitur: expmcﬁmmbu&

. E P 3
coniundtiss qu"mtitaS' N S

RN & B :
in- fequentema

formanm: tm—asmutatum. quam‘per duas- partes. exhi=-

Berk. (_:cnuenit;.,... o : e
S P‘En‘r"‘ _przbr.:,_ . | -
v I7 I
+(r.—i—~m)f m.f—--a—fm o .
m _— I?,‘_ o .._.-, I X e
S (x4 I)[Wo[?m—-t .“‘f e (F i
m(m+1) . - — (w1 X
e e g T T e A 7=
| m(m—}-x)(m—l—z) o r o mlmp)erte), 1
Te. 2.7 3 ( "'l" 1) zm—{»—; fzrl-—x '_l__ I, 2. 3' . Jl‘;'mq—z (Jn—:_
etc. .
o vybi
. z
. : )




mfcrlola vero fi m ﬁt numerus- impars.

i

Par.r dh‘cr(r

+(I+I)f f"“— -f—;(‘rn')

‘(I )/ n+,.f > r f ,,_,_.(m_.l

I
R

vbi figna fuperiora’ valent', fi m fir numerus par s

n(nt+1y , : rr __n(nrx) U _
(e ) 1;+z¢'fzm_..zz—1— S G )
n(n+ 1) (ntda) : ﬂ(i‘Z—‘—I)OH—")' T
—_— I, 2.. 83 ( l\f H-—i—sf 'm--us 1. 2. 3. zn—}-s (ym—z
ete. -'

vbi ﬁgna fuperiora valent, fi 7 numerua par,a con=
tra. Vero- valent: nfeériorzr. - .

§. Prout’ ergo cxponentes m’ et #” filerint’ vel'
pares~ veli impares:,. hac exprefliones- ad® pauciores-

terminos- reducuntur - erit fcilicet”

Pars prima ﬁ m ﬁf numerns par.

R £ T
-i—:zfy}—-,fg_.—-—fz )—- /e = )]
em{mt1) 1 T m(m-:}:_}i T )
. fzﬂ'l.—i—z‘ E{:‘_ 1 2 2 \ g
AmFEr){mte) . T - S
—'( l )f jm.-g-'as( n—3 )
L 2. § i J
ete. : -
T & fine-
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fire hoc. mode T o L L0

-f,—ffl—"" 2

~f I—(i)

’-.-:_«-

2#‘1?‘- "1

o (-t 17) -

e

-i; 2m(m+1)(m+2)(m+3 S

e 2 -fzn.-—-z

L2 3 4
1 (ﬁ2+1)

- fzm++f n_++eth

e ¥

[m_t_l (}’n_l )—_" E._ 2., ,rzm—}-z‘y

Paw prmm j‘ m ﬁt nUIEr Uy zmpﬂzf__

i S om(m—ﬁ—:)(mA— )r

( n—n “c‘t‘:’

o

— Tﬁ T it ™, jzftw-r e 1. 2, 9 J zm-—p-sfzm—z .

x ril--1) | 1

-

. : T I
. "'}‘f_( n)+;[gfn+t(},n—wf)+ '1"' 2, fgm—i—z( n—z)Et?‘ 1

o

Pro pofterior fi n fit nuinerus par.

g ST

2:11!(72~—}— I)

X

L

f“( )"

an(Bt1 ) n+2)(n+ )
3 ';. Xo:iZe o84 T 3“ SLEwe f AT ete.

e

e

I

r. 1 'D 77(”—1"1)
- I 2 f.vzn—}_.z

( iy — efC,-

Pﬂm‘ joﬁmor fn fir numers E??Zj)(ﬂ”

an ';t’

-1 ”7’(”+3)k71+2)

e _[ 71.-}.1 f,,.m—: —

I
1

+;z"ra)'

n(ﬂ—l—x) 1

1. 2. 3 z“"“ (, S

f?l—i—l( ’m—le 2 zn+2
o e ‘ ..t
- At
L]
+

. __
(y — - etc.

etc.
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\| _f'.:‘.‘-‘
P

f‘zr—p- e of - T
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gk 1+X In his formis notafe 1uuab1t, feries for—

mae? quam hlc conﬁderamus, j o ( 7 } non fo~—:

fum. occurrere, fed etiam omoes. itz eﬁ'e COmM paratas,
¥t famma  exponentitm v vbique fit . eadem

=m 4 n. Quo circa noftras inucftigationes- ita in

ordines diffribui conweniet , vt omnes refolutiones 5

in quibus fumma exponentinm m - # cft eadem
ad eundem ordmcm referantur ¢ qmndoqmdem in us
eaedem ferics , quas hic euoluere conflitui , 0ccur~r

runt ; ‘atque fi theorema in prima methodo erutum,.

quo eﬁ

g r Y
fz_(y_n_) m) ' ‘zn +fzm+m

in i‘ubﬁdmm vocemua Imrc f ngulasr feries formae

noﬁrae f—~ (-~) feorﬁm rdeﬁmrc potcumusv ... Cum

" gutem eXpOuentcs 77 et # vnitate minores. effe. nes

queant , pro primo  ordine erit m -+ a— 2, Pro

fecunuo W= "=3 , pro tertio 7 ~—- 7 — 4 et it
4.

jporro: enmr autern fit (I infidita, pro feriebus qua~ -

sum- famma eft finita hoc infinitum ex calenlo
egredi debet. S

LOrdo primus quo m -0 = 2.
11, Hic ergo vnico modo eft m—1 et n=3;

~

~expreflio f£. /% —/[ 5 in fequenem refoluitur s

fu (J.)—l‘f( D= afL(5)

Prior aurtetn methodus dat

R AT iy ey

| quae




\
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quae "'Pmefe‘n_t'i. formae -repugnare widetur o verumt
cum /5 fit infinica, eius. welpedtu vtique pars al-
tera [ ;pro .euanefcente ‘ei’cr.habenda. Quam ob
caufam hinc nihil ..ad infitutum noftrum concli~
dere licet. - ,

Ordo fecundus quo gf m—~+n=13.

x2. Hic dteram _arnico wmodo et m= ol et BT,
.quandoquidem permitatio horum £xpopentium pul-
lum difcrimen affert. Luare shaec expreflio f ;-f;_ -—f;;_
‘refoluitur in hanc:z S e
v fro fr{: IR LR AR RS S A
ef= iz (3)—2S & Tt Tals Yhaf5(3)

quae .contrahitur in /% (W Per :minorem autem

methodum eft N .
Fe(F )=+ s

wnde fequi videtur:
f=G)=2J%
quae conclufio etfi -eft .certa, vti deineeps widebimams,
gamen hinc ob infinita ei fats confidere non licet,
Erit ergo ' , '

LD R R L (A D=
—o(rx —l—-%—i—-;—.-i—:—s—%—%—i— ctc) .

quae acqualitas wtique ;omni attentione eft digna.

+

- Ordo
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" Ordo tertiusy quo m-n= 4, |
13 “Duo: -cafus hic funt confiderandi’ ) quorum
' pnmus eft m==3, ¢t #=1, vnde forma f f
1-- =i hanc refolultur-'- SRS
/el w/,a,—m( RERTERC >+fz;(.«»- |
iﬂa vt it -
2f% (,)+f,=( )+f ('J "f&, 'fz:“l‘f—? fu- &
EI prima autem methodo habetur |
“T_;;)"*"f‘z"(_;s‘): f + /= ——
guae acqualitas ab iIIa'..‘abhta rc]mqun: o
JEP ARG = S
Altero cafty, ot i =22 et ax=2:, wvnde colligitur
fzzfzz_-_,‘;? o - 1
 — 2fzz fz:f—f;_. _';-z T fa?'(—)
SRy .fz- k- ‘—)~—°fz,( )
Li.cque porro | B
2feG)+4/El) =5/ f,r+f—~.
At methodus prima dat
f'—f'—)-—fzz SE s

o] D,
“vnf'le concl!i”hmus fore

(wi) fzz fzz + )(' o
et f za( A=) e s e
(’Supu:m Yeto: concluﬁo fuppeditat - ‘

ey -
Tom. XX NousComm.. - v - gquae
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guae etiam veritati eft confentanefl, com fit 5. f5
— et [, =5 Qtasve etiam prior cafus non ob-

pand' wcat 5 qued tum fos

ﬂmte infinito ad. veritatem
- quando iafinitd qua~

lum a vero aberrare videtnr ,
dratum fL.[%, vi in primo -ordine  viu venit ,

in cglculum ingreditur; quo iplo conclufio ex ordi=
ne {ecundo df’&u&a inm hmd medmcmer couobomturo

Ordo gzzﬂ?fffw quo m +~ R

14, Sit primo m—4 ¢t =1, vnde prodit

pro [ f__ —f'L; hacc ex gpreffio ¢
2fn-S5—15G)

-2l f~—af,* S+ s (—) +fzz (__) (%

+/5
+/f 5:(_5;')
vnde colligignus ~

fz ( )+f[ ( )+fz5 {—'}——‘f I +2Iz,2 fzs__ 2,5'
Methodus autem prima Tdat ;
N HCORYFICES T +/5

‘qun aequalmtf* ab illa ablata reftat

ENOEIEAC )-—fw(*)"*zf fz,——fz,.,
pro J5 . [ &

i

Qecnpdo autem fit m==3 ¢t o 2, 4C
~ [L, reperitur
'_6fa~+ f +fms(_,y_)+ 3fm+(
trafs f~s+6fm+ S Gl '2]1;(—) 3[—- (~- \

' meequc '
RIS =5 I5+ /5 prosfs
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prorﬁls m pr:ma methodus praebet hmc ergd ﬁt
fz‘r-( )"'—“3_[‘ fzz‘ fzi fx”'*.ﬁ oo S ’1'5'.‘3-? ‘\"\ '
Semﬁm autem hmc Ieuerum Js (’3) et _/' ( )ﬁlm-
¥mae non deﬁmun*tm./ Inﬂa autem oﬁendemus, efle
)'—.—'3/‘51',/’25' 3[25 thz Ds) __ﬂfz; fm:

-
.“ . 'K» - e [ . Lt o z.‘)—

07 da qzmzmr 5 g’zxa w8 = 6.

ll‘n

15 SIL' primo m—3 et n—1 er1touef fz

B ?'—“—I"fzs( ) . )
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28, Anteqmm ad ordines fupra ‘confideratos
dufcendamws, eupluamus in . genere aqu—uos -cafus.
& Sit igitur =1 et aaquatm innenta mdu‘atr--
hanc formam == ‘
. eTg— -4 —g"‘"’—-g,.‘ ,...,-—-.gn—Jr«ﬂp“"ﬁ"
fen g S o AN T
exponente ordinis exiftente 7 —— 1, ita vt fit
{i“—%ﬂq"’*"““—p”“ — !
1I. Sit m— =, ordinisque exponens 71— 2, Vt ﬁt
gt gt R —"j”‘—-}—p”“*‘“ ¢t azsquatio noftra fiet
o = ¢ —n{g4—g"+" )t gt o g”‘“‘+3q”-’+4q"*‘...+ng
it . n(n-+—1} T2
five e e .
g" +29"*’+ 9“*” p—n)g —ﬂq’"“ 2,
JIL Sitemm o= 3 ordinisque’ exponens # -4~ g, vt
fit gt gt a—n —j’*-—]——p“'f" et aequatio nofira

erit -

o*q-—n(q N BB gy gy
n(n- 1)} plz
— P

I« 2

Is 2

— =34 =64 104" - ’ﬂ”:’—_)q‘
o +n(n+1) —t- 2 J])??-—I-’

I- Za
five
- n_}_agn—r_,]_‘égn—--z_ .. _t 1 (TL—-d} W——?}g _J_TI(?‘L-—! g + 7 g”—l-r .
_— n(nn-}-s% 13 i — 1) atges
~Zp , 1 _ + ?1 =g

vel hoc modo diftin&ivs s

Te.2-

_— g —1—?} (g e g?H—:) H[TZ—HJ g:z-!-‘: —u mzj-f—s.)p?;_.{_;':
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1V. Sit m = 4, ordinisque exponens 7 -—- 4,,ﬁ et
g gt TR - pt T, et acquatio n);)ﬁ.ra ni
-qn-i—:)__n[fi:l—c"—:)(&?_z \_‘?":*? a)

“___ + z : 1 nA=1) 5" L
o= ¢ —n(f - g+ )G fa e et
’ A =

In 2 & 0+

e e — ' 7 e 1) (7 =t 1)
+qn+4gﬂ——l+:[og7l 2,_‘__209“' 3_..!;..-"“".-—72*“'—--;-———?
. o __n(n-;—u)(n—;-z)(nr!—s)pn—i-:,

1s -1 I 4-7

five . . :

- B —n - 1),z {1 g giafT4) g Nefmd
40 o g L R = - b

+.€+__ 7 (Qg"i" {jn-i-a) Jrnr(n-}z__g) (?:+ qn.—i—z) __n(n-;-::(;rg.:_.ﬁ fj'ﬁ"%"s ]

"le Z2e
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2g. Euoleomus ctiam fimili modo quosdam
cafus pro exponente .

1. Sit primo m=1, et ordinis exponens m-i-1,
eritque nofira aequatio : _
0= g gt T AT g T g Pt g T

g . T . !

—q. g B i A
vyonde patet i m fuerit numerns par, quo cafu (i
periora figna valent, totam aequatidnem fieri iden-

( ticam ; at i m {it pumerus impar habebitur

z . -1 4 8 R L -
g_"q%_g_‘q -.-.n.‘“:_g H__%p'”l—f—"-
1L Sit # — =, ordinisque exponens m —- 2, ¢t
aequatio noftra erit S
o " — m-—i - ¥
—29 _+3g —4q .. g = (T
3§ mg 4 1) pre '

© ybi fupericr ambiguitas valet pro valoripus paribus
ipfius w, foferior- pro imparibus. lam pro variis
valoribus ipfius m habebimus, .
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Pmmo plO valpubus paribus . o
——~25 f/ ‘—‘? — F
m—4iq —4 +4 q ——nP :
m=65 g —q +4 9+-ff *@_MP ,

m=8; 44 R A e e a2 =1ip'
‘ £LC.

L]

Deinde pro valoribus imps_:iﬁus:
M1, q ::ep
”1:3509 +g —3 :’_',".'27'; N
M=55 59 ¢ —4 + 34 =5y =40
=779, ~3ff+q+36f -—aq 1‘5? -4 _—sp ‘
m=9; 94 —5§+84'—4—4 +ad —sq+74—91 ‘=6p"
etc. _
L Si ponamus n—% finguli cafus' commodius
pelpenduntur, funtque primo pro # NUMELo impari
ﬂ?-—-—{, ? +9ﬁ_~o f._..._._..:__. om
m=3; 67073 9——6:?__71)
m=5, 154_-5? +5§!— g—}«zog——wg np
m=7; 289“‘149_]*139—;29—139 164 tn1g—28g°=21 "
¢tc.
pro o1dzmbus vero zmp-mbus s
M= 45 10‘?"2?—"9—5—59-—10q_3p
=30 ; 916’—9?+o?-r3f]—9g+zsg—~zrq:ISTJ .
ﬂf:gg 364““20?"["1 g——‘:}u — 44y .A.Iﬂg 209 _l_. gg—sﬁg p
ete.

I

hic pro vtrojue ordine forma aequationis in genere
expreffa ita fe habebit:
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. i m fit numerus par :

(m-+2)7 ~(m=3)g +00=5)9"~(m=7)¢" . oo = (g 1) gE =TT
fi m fit numerns imp:n:'

mn+1)g ~{mm- 3 fﬂq +(nm=g w1 23 c] (ﬂz M- m—-24)q°
- (mm—om z}o) ¢ —(nm-x1mt 60)g ..o,  —m{mt3)g"

—_— T T e 4 T 7p1r1+3 A
el N

——
) -3

g0, Munc iam fingulos ordines - percurramus,
atque acquationes per methodum fecundam irtuentas
ope formulae pt == g% J- g™ — P ad fimiles
formas , cuiusmodi hic fumus nacti reducamus,
Ordo w413
meth. . ] meth, EL l meth, IIT.
LA + T e LI g
gg=p+p| § =20 1§ =2p
) Ordo m1-n— 4 ; o
3 +
99 :gwrp*\ ¢ —g=4a | g4 =
2¢ =p —J—-p 49 *4‘? 2ptlag —2q —_-ZJ
£1go q ‘ﬁp et q p cb p ,__Ep EI§0. 4 ..'::A;,p"
"~ Ordo m—i—n—-"5

9 g =p-p° \q+@+q*" -9 4P,
g9 P~+P 0=o 39+f1~—34-’329~

‘?23?—-‘?1 ; gP"i-SPa@:’JP ”P
S Orvdo m —4~n=—¢6

g =p [ 34 A AR R I
‘—rq::fJ*H— Sq——nq +3:f]~—-'~t?“”8p 4g 2 q-wmw "*6P
2g=p - .1.14_1_5?,_”51:__14_];io’q—[—aq—ﬁq—?p
| | ¢ g+ =

: Ergo
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g+qip R AR TSy et 3 ‘IC? -°q+f/+4q~m§*r4p
loq—ﬁfj—ﬂw—éq-ﬂoq 8p”
qbq—q—t-aq—-sq 4?
| v:nde conc!udioar
7=+ A
?:—"101'9 —]-5]5 +2p
¢ =18 —rop’
j,fz_f__ﬁmp *10p] +pr,,w_,, -
g—"_j—IIP— 4‘1) "_'2_2)#
O;dr:: m—}—ﬂ‘_s *
—!—g =p +JJ 3¢ — q* 9'— 9+ 9~—q__ 8"
gt =p A I””*”-ﬁ’—9§’—44’+79-12g 18"
+ ¢ =p 4P 309 +99'—6£/+159 —804 —-35,p
29 =p P 1404 ++9~B€+2o?m+og — 429"
: Ei+?+ ?+9+ ? -+ 9’““7]3
5‘]—‘—4-9-1*3{7*% ?+£/ —6q =15p"
15?+5?+3q+9+59—rsq_~25p
"'0? * -1—26—-49+qu-—-20§? :21}‘)
?—5&7+59 79‘—1—109“-15?"‘13?
¢~ 9’—}—?_? + 7 — 3 0
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hinc reperitur
, 7= 1P —p =y 57
{=-ip" 30 P4l
q =p —p —+sp :
rchqme ﬂcqu'mones omnes coalefcunt in' hanc vnicam:
Q.q —+—10q ___201) ——9p “ob 7]) ::dp

‘neque ergo haec tertia methodus plepam determina-
tionem f{uppeditat , cum tamen pro caﬁbus m+A=5

et i -0 =7 efict largita.

Ordo m 1= 9. .
Hic ope tertize methodi omnia determinentur idque
vanico modo ; vti fequitur
g=+sp—p — 0P
‘3"""‘**P+‘7P+ P++P -
g =+ —o1p ¥ -6p v
qs:- ,=5P9+ﬂ5P’ * +5P '
¢=+yp=3sp ¥ -4
’ 9——‘-"P+"1P +P +6?’
=ty = 6p —2p =4l
practermiffo ordine decimo obferuo etiam vndeci
mum perfe@e determivari pofle ; calculo enim fub-
dudio reperitur
= 6p — ¥ —p = -
'q’:':-—z-yp”-i— 0 pt2pt 6 pihap
g=-+8ap"— a6p * sy —op
9“"“927 "+ 84p * Aorptap
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”+Ap
_Lp
C;D
—-Dp
—I—LD
TG[I
_hyp
H_+ ip
Kp

g w—Jer

R I ll H

NQ“Q'*QNQ“Q*QNQ*Q’-Q-

p—p -
4+ trpHdap
55 pz ¥ 0 .

— 330]) *
e 462 p ¥
+ 330 p ¥
— 165‘ p * Ja—

T 55p+p+
—(sx-1)p —2p —

A’“”"’" v Az 7

2

s B—i2 A ‘7 ; B=%

—_— 2T

3,C:MB+—7,‘ =1

4D =10C—-73 D=3s57

s = 9gD+4+7; E=—=0644
6F— 8BE—7; F=u=
v G= 7F+7; G=%~
sH— 6G—7; H=0643

ol = sH+7; 1=

1w K= 41l-—-7;: K.:. “%f
L= gk+7; E=7%

8 ' ++p +l§p
) u -—-5[) rvp :
+ 165 Pz * 4 (5641) p+1~p +a‘p
+(56+26)p ¥ +2:p
(28"*"56)[)‘ ¥ '—"HP
+{ &+70° 2') —‘rp +9p

viderurque efle - -
E—= 6; Ax=— 6 ’
V=155 RI—IS

55 d =m20; L—20 ,
& —i15; 8—135 o
= 6+15M=6 )
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P

56 P = +p—4p

.28 p +6p +up
8 phmapt-np®

pro incognitis efd
A= B
MtV
L=
b= .
M= g — L

33+ Quo orde harumr aequatioasm clarins per-
fpiciatur,, atque: aromaliae: ¢ occurentes. enapefcant,.
fecundum fingulas. ordines, impares. iftas. aequationcs.
ira, repracfentemus :;
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9—+BP
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2B— 6A— —4
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AR +D—-+C 4
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'-—+Ap’-— p-p
g =—Bp+ 7p’+2p”
__—]—Lp -—np *
g =—Dp’+35p" *
§—+Ep—3s5p° *
§=——Fp'+z IP *
g A Gp— i —2p’
9’——Bp+ p+p

- | Azeti—y

*+4D
__6p
Hgd1)p*
(1+4JP +P
+ .6 p +p
- 4D

 12B=8A—j3

3C=9B+3
4 D—=6C—5
s E=5D+s5
6 F—4E—3
7G=3F+5
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G~

+Ordo; S ol el & ] H S
OUSAY — pe gt e[ Amiiiag
b g ==Bp ' op H2pit 6p — —]’—+p5' zB_xo&-d'
¢ =+Cp'— 56p° * --I"\']) —-6p = gB46
g; __-L)[;)”+;-8’4.‘p‘ * 2ot o) —l—4p : 4,;';3:: §C6
q :-}—Ep”—l_zdp * {1yt - 5E= 7iltke
g =—Fp"+126p *F=.,+f6+x~‘p * +p ' 6F= 6B—6
9‘ :_;_prl"—-. 84p ¥ . —(1420) p —a.j) +p ' "76-:' sFaes
g —=—Hp 4 360 *, L spap ol 8H= 4Gas
g —+1p — op -2p — 6[) —4p ~}—p "9 = gH+ts
g ::—Kpi‘-%- PP zﬁ—b 19Kz 2T—6
) Grdo Vo —}— Rl
ke A S A S S S et
g ——Pp g i ey’ + a;pf+4p5+. “ 5p - ; 2B:;2A o
g"’:—}fr: 550 K~ gyt ﬁps-- 15p L) 8€=11B}y-
It‘*’”»-%—-:@sp' * 5 I)p tap i 20p” i 4D=10C—7 .
* —.h ‘.,,,sa. BO‘[) 13 —.-("'?O—}— 8\‘3 i ISP&' ey SE;;_—‘ 9D+7
m—Fp U asep’ ¥ 4(56at)pt * +(a+r)p‘ F 6F— gE—v
"G s * —(stso) * —(1—1—6) H° [ 7Gm= 7Pty
cr—ip T gyop” Foa(s 4 '70);; 15P6+p . 8H= 6G—7
@ = 1p aasp” * (1l g6) p 4-]) - acp +p 9l= sH+7
¢’ :::——Kp’a-}~ F5p o F o+ a8 p—{—ci] p - 15 +p 10K= 4]—~
§ et LP - IIP QPI“.. 8y 4P — 6]) +p° 1Lz gy
7 =—Mp p+ P + p+ p+-‘ W T2 e M= 2L—-7

\34 ch co*PEmcntes‘ mﬁusvjf @ Iege' fequan-

tlume ordine pariga: J.CCEdEIG Yidentur: y

ording @ -7 = 13 ex binomii ad dignitaterm: 1z

clevati coefficientibus forrentur , dayn.
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caum, il i

ﬁ:qucn tes ex*
digui-
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dlgmtambus 8, 6 formantur.‘ At fidemy illorcoeffi-
~ciente’ e’ niodo: rE,pme[entau poﬁ'unt » ' W cuth i&--
g qucnnnm leg= colmrcam. :

-.--1-5-(10—]—1) (4—5+Io) (I 20—1—4‘ )—( I‘D'—l"—'xp"'zoj‘ etc,
‘hac ergo: ratmna aequauon,.s ordmls m —-1—- B=35
c‘xhlbebo
lDrdo " + "= 15
L

g'q.\':-{—Ap S -“"'F"P_ P . — p— P‘;" P
¢ =—Bp +<x~+z)p' b2 10 P ey 8pA- 6p

.'9’ ::+Cp —(66-12)p” ¥ — a5 pt —6p’— 28’ ——xsp

g =—0p {2 20-+-66)p" ¥ Hraod-1p” 4apt 56pTteop
;;g, " Bp~{4g5taaop” ¥ —(arod-zopt K —  gop-xs5pl-
oy _-q =—Fp H 792k a05)p *  H252-+45)p" %‘ Hs6+1p 6p”
- =G (9244 T92p] ¥ —(erobizopt K —(eps) K
b ¢, =—Hp (792924 * +(120+210)p" ’*‘ H(842 By ¥ 4p
= g = 1p 4954792 ¥ —(asasaypl —(x56)p'— 6~
b7 47 =—Kp T H=220404957 "”“ “Hioatolp” * + - gop’isp
e q -—+Lpl5—666+220)p »* -—-(I—']—I;no)p _..4_1) 5‘5]) __2'OP _;_p
o L ==Mp (12660 * 45p +6p + 28" 15p)+p)
-7 7 %NP;:*( xz) pap - vop'—sp’ — gy~ op—"
' g =—0p + B J o e PP+ P PP

"Atque nunc lex progreflionis nom mimis eft com-

..77
-7  plexa, camque ﬁamle ad. altiores. ordines accommo=
. dare: licet.

5 Cum autem hgec: Iex,, quatenus indudioni
fnnititur , minus certa videri = poffet, omnia plane:
dubia tollentnr 5 fif loco; poteffatumy pariwn:  iplius P
imepares nm:oducagtur, Cum feilicet: pros opdine voe
. Z 3 decimo - .
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decimo poteftatibus . p*, p*, acquinaleant ‘impates B

'mulro fimpliciori lege exhiberi poffunt , quae’ im~

elenati , flnit, hoc modos - | o

LpT ety 2o .

SHr4rn) r-T-I|— 1 e =
Pmiiss) (F e ltat 6 {81 -
¢ =14165)| ¥ |—1\—6|—15  [—28— 8|4p'—=p'
g =i(1—3g0) ¥ 1 ¥ 4gidootaitsoas])
q’:;(x+46z)-9 ® |- ——15”6—_7(5#56_{;1)5:1)5
7 =Y 1—4G62)|* | F |41 4-6415H551T70 o
.'Q: =i(x+330) ¥ * |—g|—1~20/—28~50 .j_p"'__-_—\p"
g =i(x—165)[%* 11 l46| ~as5e- 8-ha28l
g =3(+55) | ¥ |~2|—3]  — 6 1— 81+pp’
q _...,(1--11) (EECRRTE NI o5 & B = 3 B S 1]

In qualibet {cilicet .columna verticali .coefficientes -

[

et iJeinde etiam coeflicientes A, B, C, D ete,
) :

mediate ex. cocfficientibns binomii ad - eandemn  digni-
tatem , cuius ordinis iftae “aequationes qmeruntur,

) . Ordo m—{—ﬁ: 11

binomii - ad dignitatem . voitate ' 1nfer10rem elenati -
tum a {(ummo deorfuom: QUi qd imo* furfum f{cri-
buntur, et vbi binj concurrunt in vnam {ummam
colliguntur.

36. Hinc jam licebit pro omnibus ordinibus
imparibus rem in genere definire; at queniam hic
coefficientes binomii poteftatum occurrunt, vt bre-
vmta confulamus, feribimas’ ' CoL :

ﬂ(n-*I)( —~2).. (n—v+1)
SR 2, | S ¥ —_ﬂ(y)’
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| ﬁ fit " B I T e TR R
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ﬁ:mpcr n(W—o,at i yv—=n fore n(n) =1 &t ge-
neratim ¢ @ (v) = #{#—v ). ‘Hac igitur notandi- ra-
‘tioni: rcccpta aequmoncs generales it fe habebunt

Yo,

S Ordo - 1= A

i o) () 7 rha() ) H60) Dopo
£ ’*‘ff‘-“")”f) +o(h— )épﬂtmwgp++(?~—2)§7’+60~--=>§P "
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B - vnde eonclddirnns fore in genere
© 1. Siop fit nbmeros impar

- ~r_ 1\_1»~ Y +o(v ) ¢ —|'—~(V—I)‘ } =+4(w~x)f- | -6 (v—1)
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1.6 » it nusmerus: par-

" - , (" 1) L —a(ve-1). ¢, s—a(¥—-1) 7 s~6(v—13 }
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Termici avtem harum aequationum non vitra for-"
mulam. 47, quae ylimum Pmebct terminnm, con

tmuarx “debcent, ,

5 7. Hae autem {oormationes. Jocum non ha- -
bent , mﬁ exponens ordinisi m —~ # =M\ fuerit nume-=
Tus ampar' idecque harum aequationum ope {um-
mas omnium ferierum in hac forma contentarum
SR I T DR T

' g ”I+ (1 n}+ PrSaseon :31}-!* —a(I-f—}—;_;,-flw;g;;-h ) et
exhibere licet, i modo 7 7 =»7 fit namerns im-~
par. lftae autem fummae definiuncur per fummas
poteftatnm  reciprocarum , gquas littera p ﬂequcnu

i | ‘modo repracfento vt fit :

|

P. — .-1—1 -+ . u -t L ~}- ete, atqu
el G e R e S nl - te, 4atque
| 22T 4T 5t I
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m_, -..I‘Il.xi . 1 I I
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Duos autem hic, cafus diftingui oportet, prout
fuerit numerns vel par vel impar g hatebitur enim

e 1 Cafu quo - eﬂ: mumems par: o o
| " sof 5 E -o{n—1) 3+4(11—1\%
C o q - "]":(I"i"h(n))p ,_} 0(?71 1) 2 (U!-"l)g 4 4—(?72-—]) P
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. AL anu qu@ m. eft nugmerns. IMpar |

' ’mr___.‘ l [e13 (o= I)g —(’IM‘U:}% --d-(ﬂ" I%
kN %”i“ (I 7‘)(”)1” o(w-1) p':(:m-’_:) ?-—4(7;3—«1) P
S 6(;2-— ' : (?\-3.)(”.-.@% -
T 6(m—1) §P T (-5 )m-1) od
Secundom hauc *legem terminus  vitimum fequens.

&~

(A-x )( m -1 , ‘
(A-1 (ﬂ-1)~r(?\—1) m-z )= h(my=n(m)

ficret g *, vbi notetur Emper efe

'38. At fi ordinis exponens m —- 2 — A firerit
numerns poer, hine forimulae neatiquam locum habere.
poffunt, cum cafn imparitatis foamﬂe np,p ,p ete.
ob p™ = ¢ etiam !ms pares B, g7, p7 et in fe coma
pledtantur , quod sutem ¢afu quo m —--# eft’ nume-
rus par , non euenit. Tres autem.methodi hic vfi-
tatze fammis ordingm parium definiendis non fuffi-
ciunt, ¢um ctiam " tertia pro ording o&auo non
omnes detcrminationes fuppeditet, Etfi autem pro
ordinibus quarto et fexto fummae fupra funt affi-
gnatae, in iis tamen nulla lex perfpicitvr, vnde
pro ordinibus {equcnnbus coniecturam deducere lice-
ret. Ratie hoios diferiminis manifefio in eo eft fita,
guod pro- mamlws pqmbusg binse -guacuis “harem
formularum p?, p°p%, p° ete. inter fe comparari

. gueant , h’leqﬂe campuatimcs per methodos noftras
indicentur ; quocirca eze determinationes , quibus
indigemus , deficere funt cenfendae. Eo magzs igi=
tor -eft mirndum, qued in ordinibus imparibus
- Tom. XX, Nou.Comm. Aa rnlla
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. nulla plane ratio affigialibis - inter formulas p*, p*, p°
i ,  petc, iniercedat.  Interim tamen uwsllum eft du-
binm , quin aline dentur methodi, quibus feries or-
dinnm parium fummari queant, etiamfi tres hic ex-
pofitae minime f{ufficiant,
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