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SOLVTIO FACILIS

PROBLEMATVM QVORVMDAM GEOMETRI-
CORVM DIFFICILLIMORVM.

Aud&ore
7. FEvV I ERO.

I.

i omni triangulo - quatuor _potiffimum dantut pun=~

&z, quac in Geometria confiderari folent.

1. Interfedtic ternoruin perpendiculorum, quac
ex fingulis angulis in latera oppofita demittuntur.

2. Interfedtio ternarum reffarum , quae X
fingulis angulis du@ae latera oppofita bifecant ; quod
pun@um fimunl eft centrum grauitatis trianguli.

3. Interfedtio ternarum re@arum , quae fingu-
fos angulos bifariam fecant , in quod pundtum inci-
dit centrum. circuli triangulo infeript. _

" 4. Interfe@io - ternarum’ reftarum ad fingula
latera normalium eaque bifecantium , in quo punéte
reperitur eentrum circuli triangulo circamferipti.

2. Bx his quatvor punctis, {i dentur pofitione
terna quaccunque , euidens eft, trianguium inde de-

terminari , pifi forte illa puncta in vno coalefcant ,

quod cum eueniat in triangulo aequilatero, hoc ca-
fu omnia triangula aequilatera problemati aeque fa-
tisfa-
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tisfacient. Hinc igitur quatuor nafcentur problema-
“ta, prout quodque eorum quatitor punctorum, pro
trianguli determinatione praetermaittitur, quae quem-
admodum commodiffime refolui gqueant , hic often-
dere conftitni.

5. Problemata autem haec folutn effe difficil-
lima , mox expcuetur quicungre ea fuerit aggree-
fus, cum vix perfpiciatur, cuinsmodi quantitates in-~
cognitas in calculum introduci oporteat, Vvt faltem

Tad aequatmnes “foliitionem continentes Pﬁluenlaﬁll S

Totum ergo negotium ad idoneam quantitatum in-

' cogmtarurn electionem reducitur , n-.guo. id impri-

Tab. IL
Fig. 1. 2.

3 4

mis eft cauendym’, ne in calculos tacdmﬁﬁimos et
omnino 1I16Xt1.'1€3b1165 delabarnur Tum vero omni-
‘bus difficultatibus ~feliciter | fl‘l_pﬁl‘atls irifignes. quae~
dam affé&iones inter illa quatuor pun&a fe prodént,
quarum ‘cognitio in Geometna haud 1eu1s momenti
eft cenfenda. " ‘

4. Ne figurae m:mla linearum- in s ducen-
darnm multitudine omerentur , idem - triangulum
ABC guater exhibeo, in primo. fcilicet (fig. x.)
re@tae AM, BN et CN in latera oppofita fiint ner
males , earumque ‘interfedtionem littera E defigno ,

_vbi primum fitum eft pundtum eorum-- quatuor,

. K

fquae commemoraui, In fecunda figura rectae Aag,
"B# et Cr latera oppofita bifecant , quaram interfe-
¢tionem indicat punttum F fecundum de quatuor

. illis pun&is memoratis et centrum gmu;tams trian-

guli.
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guli. In tertin figura retae Ae, BR, Cry angu-

Jos A, B, C bifecant, earumque interfectio G prae-

bet tertium Pun&usn ante mMemaratdl, Nempe cen-

trum circuli inferipti. T andem in quarta figura ex

fingulofum laterum punctis mediis S, T, V erectae

funt perpendiculares SH, TH et VH fua interfe~

Gione H centrum circuli circumnfcripti exhibentes. )
5. Quo horum quatuor punéorum pofitionem '

facilius definire eaque déinceps inter {6 comparare

e queam ,- eX-fingulis in latus AB pro bafi affumtura '

demitto perpendicula EP, FQ, GR et HS, quo-

yum quidem primum et quartum iam in conftru-

&ione ipfa occurrunt. Tum yero voco terna trian-

guli latera;
. AB=¢; AC=b ¢t BC=a

praeterea Vvero etiam aream trianguli in computum

duci decet, quae fit == A, eritque vti conftat:
AA=Lgt-b-e)(a+b=c)b+ec—a)c+a— )

feu AA=L(2aabb-+2aacc-t2bbcc— a—b—c")

Hinc igitur fitum cuiusque horum quatuor puncto- Tab. IL

ram refpectu bafis AB feorfim inueftigo fequenti Fig. 1.

modo.

1. Pro imerfeltione perpendicubrum B.
6. Primo ex clementis conflat fore: - N o)

Ap=testti=2t fimilique modo BMcoEElE, i-
Peinde vero ob IAM BC=A erit AM= ' .
v Tom X1 Nou. Comm. 0O vnde | : (

D R




Fig. 2.

et CP—=+.

Tig. 3-

Py . Demiffo ex angulo C in “pafin AB pers
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vade fimilitudo triangulorum ABM et AEP pracbet
AM:BM=—AP:EP
4 wn B b)

Lluegue it EP —= &~ 'bj:'sfcﬂy”‘ —

Quocirca fitus puncti B refpeciu bafis AB ita defi-

pitur vt fit
____cc.-;-bb-aa __(cc.+-bb——-aa)(aa+cc__bb)
AP—=—— et PE="— —%a " A

i I

1L Pro cemro grauitaris F.

: | b
pendiculo  CP habemus vt ante AP = Lk hmtt
2 A :

fam vero ¢x elorentis conflat effe FQ =:iCP=1

et ¢Q=j¢P. Cum autem it Ac—ZiceritcP= bb-—e
ideoque ¢ Q:g’-éﬁ-ﬂ , et confequenter AQ= sebhae,
Quam ob rem fitus pundti ¥ refpectu bafis AB ita
definitur , vt Bt: _

2z A

AQ;—-——“”"’;’:—T—E—“ et QF = 52~

L Pro centro cireuli inforipti Go
g. Cum GR fit radius circuli infcripti, erit
iGR(a+b6-1¢ ) area trianguli = A vnde fit

P

GR= a—_—;,“_{;; —Tum vero pofito wfegmenio,,,A R=z,
G ab AC ex A par portio . refcindatur , habebitur
ibi pun@um contaius, 2 quo proinde punctum C
diftat interuallo = &—%. Deinde ob BR=—¢—2 fi
q latere BC ex A acquale ‘internallum ¢— refcin-

| datyr,
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datur , ibi hoc {atns a circulo tangetur , vnde pun-
Gum C ab ifto puncto diftabit interuallo =a-¢-+ %

quod cum €X circuli natura i &-x it ac-

: B
quale, erit ¥="" ¢ Quare hoc punctum G re-

fpeGtu bafis AB ita definitur vt fit:

b — — ah
AR :G-—-;——a et RG= /475

IV. Pro cemtro circili circumferipti He
9. Hic -quidem fatim eft ex confiructione

“AS -?:-;;’c:'”"-T—um—-vero:,eX_,A,,i_ll,BC,,,,_d‘}@Q perpen~

ga--bb—~¢ce& T o e

diculo AM, erit AM=%t et CM=—"=3
JunGa autem = recta AH ex patura circuli liquet
fore angulum AHS aequalem angulo ACB, ideo=
que triangulum AHS fimile erit trisngulo ACM
vade fit, |
AM:CM=AS:HS |
ficque ‘colligitur HS == clag-pbb =2
Quare fitus pun&i H refpectu bafis AB it2 defini-
tur vt fit: . 7'
_— . __c(aq-l-bb...-c_}_
AS.—-—EG et SH_"-—_—-BA co
ro. Hinc iam definire poterimus diftantias in-
ter haec quaterna punéta, fi guiden in eadem fi
gura -exprimerentur , erit enim ;

EF = (AP=AQ) =+ (PE—QF)

Tab. IL
Fig. 4.

BEG =(AP—AR ) +(PE—RG)
ER'= (AP—AS)~+ (PE-SH)

O = FG*

PO SN
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FG=(AQ-AR) -4 (QF~RGY
FH=(A Q—*A-S)’_-—l- (QF~ SHY
GH —(AR—A S)-'-—l—_'RG—’SH)’.
Haec autem -interualla ideo colligi oportet; quod fi
proponantur terna horum quatuor punétorum quae-~
gue tanquam data , nihil aliud praeter eorum mu-

tuas diftantias pro cognito affumatur, vnde deinceps
latera trianguli fint inueftiganda. -

e 31 Hic-autem--imprimis eft —obferuandum
diftantias illas inter quatuor nofira puncta neceflario
ita exprimi debere , vt tria trianguli laters .in- ex-
preffiones aequaliter ingrediantur , cum nulli lateri
prae reliquis refpectu harum’ diftantiarum vlla prae-
rogatiua tribni queat. Quam ob caufam latera tri~
anguli fine vllo difcrimine contemplaturus ponam:

a-tb-=c=p; ab+ac+bec=yg et abe=r
ita vt loco laterum iam iftas terpas quantitates g,
g et r ad fingula aeque relatas in calculum fim in-~
troducturus. Hine cum fit:
gat+bbrcc=pp-2q; aabb +aacc';1¥bbcc:qg—2pr
o' b -t = p —appg 2 g g apr
area A ita exprimitur vt fit:

AA= ,p(,;p!,;];q_ p,,?f_,,s,,f),:,g—,'Pi-l—fip,p,,q,-— Ipr

16 -
Hoc notato fuperiores fex diftantias ad has nouas
quantitates feorfim furn reuocaturus,

1. In-
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1. Inuefigario diffantiae punctorum B et F.
12. Hic primo habemus: |
' cc+bb-—au spc—bbguaa, _ Bb—aR
AP— A Qo cElimer, memihaer B2k
{cc+bb———au](aa+rc_—lal1) z A
P E h Q_F St $CA ~sec
. gfee 4=bb—an)(aa4-cc—bbl=i16A & 6h A
_— 24 C A

quae expreffiones ad commuicin denominatorem re-~

'idu&ae fiunt
(bb..-aa)ﬂnacrb bj-ztace-}-2bboc— at=nbt —ct)

P AQ—-— 12 A '
zc"—-ﬂ"' AN B R0 %, WYY FoNUU. 7, 7. 7. S — ) ’
guarum quadrata addita praebent :
[ +a 42"+
EF = g3 —a bb-aab*-a ‘eo-aact-btect~bbe"y -
\ | +3aabbec | B
¥bi vique litterae a, &, ¢ aequaliter infunt. Ef
vero : Lo
+ 3
o' bb4eaab —1-etc. :pj)qq 2q 2p T+4.pqr 31~r ' »
64‘66’*'“““?‘"6?9*‘9??99—2?—+—b’pr ' :

—12pgr—-3re
€X quo obtinernus :

EF g (- SP A+ 8PPATH 8P 16907 +977)
~—— —quac-expreflionem- ad hanc formam redncere licet:

EF* -—-H\A—‘-‘s( pp— Q‘?)-

O 3' 1L
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I1. Inuefligatio dg’/fanti&e punflorum B et G.

- 13. Hic habemus: : .
cc—q—-bb——-ﬁa B W W g bp—>be—a gufear

AP~AR= —tmhd o b
(cc-|-bb--—aaj(aa+cc.—bb) zA___
PE RG""“ ECA T g=b -t feu
_tteeat— Etpcnabd P — P gt
PE RG - ¥ cA —+ 8 A

atque ad communem denominatorem reducendo :

__bb-be-ga-ac)y(aaabh 4-aace— 2 bhco-at-bt ¥}
AP-AR= bbtaa
DT s __ sct=[o D)o~ (a-p)ec H=[a-D) [0-B)® o~ (aa- BE)Z
PE - RG pum— 8CA -

- -quorum —quadratorum - fumma - pex-- 4_00 dinifa-ad-— -

hanc formam redit: .

§-+6%-a'b-a'bb+3a'bo-2a"bbot2a'5"
+b -abs-aab tgabic-ed’bectoa’c

:Fnﬁ - *-a’c-ateet subct-2aab o2 b +6aa&bcc}
| —ac’-gact - ~eabee

- =boe-b'ce -2qabe® - L
| -k ‘bbet  _ “oabbc ,

Antequam  hanc expreffionem ad littetas p g et r
reduco , obferuo effe :

’ —~+ aa-ab e f—l—a “dﬂ5+3d
EG \-bb-ac =1 A{ »+~f'? -abb %1 3
Aci=be - L4 -aac ]
-acc . ;
7 —bbe .
~bee ?
— a‘éc(act-«;—bb_}-cc-—zab-—-zac—uzbcj(a—i-b-l-c) v

— 4 A A

2

Inm

-




ITTL.

PROBLEMATVM—

fam cum it qaA-bb-ecc=pp-294 redutio eft fa~

cilis , quippe prodit:
. EG +pp Sq:pr{ p—;q‘]-+-9rl‘
diftantia ita definitur vt fit:

ficque haec
EG =" -pp-sg=imx—7 PP TIE

111 Inugfiigasio diftaniae punlorum B ot H.

14 Com hic fit:

ec .+-’ b—-cm

cldani-bb—ce}

tcc+bb_—an){an_4—cc-—66)

PE—-SH':: —__-; cA A
habebimus :
_ bh—an - __:c*—-(aa.-;-Bb)cc_-[aa—M\!
AP-AS="% ¢ PE-SH— e

quadratls addendis diuifione faGta per 4¢¢ obti-
petur :
-0’ =a bﬁ-aaa‘ ‘1-saabbec’)
b -a‘ce- ) 06 ¥
| + -aab’ ~bbe* )
quaee ob 16 AA=—a'—b'—¢" 2 qabb-+ 24008

~+ bbee reducitur ad hanc formam ; | .
- EW= ”bb,fc aa-bb~c¢ '

i fubftitutio facile conficitur ,

EH"_“A

refultat enim 3

EH -«:GAA’PP+29
IVw_
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IV. Inucfigasio diffantiae pun{r’m'm F e G
t5. Ex formulis fupra inuentis habemus ‘hict

AQ-AR=z ==

GF-RG=22

6 €
u.l\“

Gl a(ﬂ'—-b)s—-—aaq—ﬁb
z e 6C
oA e B s c)

-

" a4 bt s Clamd 6+

quorum quadratorum fumma reducitur ad hanc

formam :

FG =5mFo

Cum nunc fit e

.
i
l-e

a‘+a’b++aabb~ gabee)

-—l—abz—{—zyaacc sabbet

—+~czc
b
- be',

a* ot =pt—4ppg -+ 299+ 4pr

gabb—-aacc—+bbcc=gq~2pr

Abab atcral L bl Sppg-2q9q-pr

abec - abbe-t+aabe=pr '
expreffio- inuenta hanc induit formam :

FG =p(-p 4 5ppg—18pr)=

—pit-spg -1y
o7

V. TImuefigario diffamiae puncforum ¥ et H.

Qr - —SH=}7—

‘w16, -Pro-hoc cafu habemus:
AQ“"AS gcc-;-éb—- aa

bb.-..—-aar
—~ 30 =T
"(“ﬂ'-‘- Bbae-co)___ 2ct—(a01 BB)ce-{ea-BE)"
i A - 24 ca

Quod-~

fe 6+4—bb€g‘ -saabel |

o dimtanis 5
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yiodfi has formulas cum caft prime cOMpAremus .

deprehendimus effe :
AQ—AS —(AP—AQ) ¢t QF —SH=1RE-QF)}
vnde manifeflum eft fore FH=;EF ideoque FH'

= 45 —s(pp—29)
V1. Inueftigario diftantine puncorutm Ge

“37. Pro hoc cafu poftremo habetur :

L e tb—a —_
AR—AS="F5— =6 ="~
oxy 2 A clong-bbcc) _.(a+bic’+(aa+bbicc—(a+ﬁxau+663c—{an‘-&§p
RG-SH-mwe™ ™ sa ™ — (4D =€) A

‘guarum binarum formularum quadrata. fi addantur
reperitur fequens expreffio ;
. 4o+ a'btab’ +-abc*-2a"bb-2a08"]
GH' = mararii b ar A-ac*+ab’c-z2a’ co-2a06
| 4 b o b’ *be -2 so-2bb6" S

quac per @ 4 b-+ ¢ reducta abit in hanc:

_ vhe O+ & +aabe—20abb)
G.H=:!6(q-+b+C)A.AJi+b‘+abb£—2aa€€
' | VL a-et-abec—2bboc)

vade fada fubfiitutione colligitur o :
' r{pf =P gdeot]

el el = e i e e e g e o e eeme s e

2 e TV - r
feu GHﬂ__lﬁ.&A—P.'

Tom. XI. Nou. (_:omm. P - 1§. IEn
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Tab. IL
Fig. 5.

18 En ergo {ub vno confpecta qua;drata fex
horum interuallorum : o

I EF=Sx—pp—29)

1. EG =14 — pp 3 qv——%,:
I EH == 25— pp-+-24

IV. FG* =—3pp-359—3F

V. PE=E— e 24) |

VL G =27}

—wAA P
vbi euidens. eft, eflt EH—:EF et FH=;EF, fic~
que punéum H per punéta E,F fponte determina-
tur , {cilicet 6 tria punéta E, F, G forment trian-
gulum EF G fum quartum pundtum H ita in re-
&a EF produ@a erit fitum vt fit FH=EF
ideoque EH=—:EF. Hinc vero deducitur 4GH
4+ 2EG"=3EF -6 FG", quod cum valoribus in~
ventis apprime congruit.

19. Quo nunc has formulas ad maiorem fim-~
plicitatem rewocemus, ponamus .q.pq——p:—Sr: 48
‘ A C— L &5, .
vt ﬁt_%AA_,ps et 4g=pp--F —+ 3 5 tRm ve-
¥o factamus : :

T r :
Fi=R,F=Qet pp=P

ita vt P, Q, R fint quantitates duas dimenfiones in-
voluentes.  Queniam igitur hinc eft lpf-_-: %CL erit .
— VP g IP L ee y .
p=VP; ¢=iP42Q4F , et r=QVDP, at-
N I que
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PQQ

que 4AA=Fx ¢t internalla nofira ita expri-

mentur :

1 Q.
R

1. EFQL‘"R—-—;P_\;-?;Q,;,T.—
iL EG’:R~;P+2Q+?,%_9-

1L EH':"%R“‘%P'*‘ArQ*F%z—

IV.FG= —+xP—3Q+ 5=
V. FHR=IR—&P+3Q+ 5%

VL GH'=3iR—Q

" g0. Cum igi'ﬁn'r*horumr——qua'tuor,,,pun&fi)rum, N

gerna nifi capiantur haec tria E, F et H jam conti-
geant  determinationem guarti , voicum refultat

problema , quod ita fe habet.

Problema.

Datis pifisions bis quarior punilis in quoliber Tab. IL
griangulo  offignabilibus ro.  Inerfectione perpendicula- Fig. 5.
gium EX fingulis angulis in laiera oppofita dutlarum
E, 2° Ceniro grouitaris ¥y g°. Centro circuli wmferi-

pri G e 4° centro circuli circu
priangulum.

mfcripti H; conflruere

~ Quod problema €X hadtenus erntis horum
punétoruin affectionibus fatis concione refoluere  li-

cebit.

"

Solutio.

»7. Cum pofitio horum quatuor punétorum

per eorum diftantias detur , vocemus:

P2

GH=f,
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GH=f, FH=g <t FG==b

nouimusque fore EF—z2g et EH="3¢g, itemque
EG=Y(6gg-+3%b— 2ff)

Nunc igitur ftatim “habemus has tres aequationes
L ff=3:R—-Q
IL gg—=iR— —FP—-I—-‘*Q—I—-’O'Q‘
L Ah=%P—5Q

"'eX"jquarum' 'refolu'tiﬁne’”Ct)lligi'mus Yo e

— 454 — 3ff(ff— g g ==2.bb)
R‘—'-'.:-ggq-sbb—zjjs Q SEE~=6hb -2 f

o "‘P:;g*g.ff;;,_gff-— 12ff—1588 +Ghh

Q . slff—gg—sbbp
vode fit &° R — i(sgErs6b—2FR1"

a2, His valoribus inuentis 1nuefhgentur tres
fequentes expreffiones :

p=VP, g=iP+2 Q+4-%F, et r=QVP

‘indeque formetur haec aequatio -cubica :

ZF—pRE g0
cuius tres radices dabunt tria latera trianguli quae-

£ti, quo pafto eius confiructio facillima habetur.

Exemplum.

28. Sumtis lateribus trianguli a=—%, b=6

et c—*,, vt fit area A=6V 6, inde.colliguntur

diftantiae quaternorum punctorum :

EF*
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EF =% BG=7; E 215 FG*T53 | O & et
G 2#‘_-!5
- 4

nGornm  talis prodit vti in

ynde fitus hornm pu
Cum igitur habeamus:

fig. 6. repracfentatur.
f — 25 g =i Ct bh=53
videamus num folutio inuenta ad triangalum affum-

tum perducat. |
24. HInC autemn fit 3gg—+—-6bb—-2ff:gﬁ’

~um vero ff—8872 bh=3; 4ff+588—2 bh=%;
colligitar \ P e e
rR—'z; Q=Y; P=a2¢ & 00—y}

ynde nancifcimur
' P:_:V?‘_:-Isi g=107 et r=%. 18=5.6.7=218
et aequatio cubica hinc oritur
z”—-—szz—’rmvz—zIo::o

cres radices manifefto funt 5, 6, 7 quae funt

cuius
{atisfacientis.

. ipfa tria ‘Jatera trianguli
quatuor punéta in dire-
Sum {unt fita.

.85, ‘Hoc etgo cafu cum fit s

Cafiis quo

FH=g; FG=h GH=f; EF= 2z EH=388

et EG=28—h
P23 exit

e ETETIITE

Tzh. T
Figq 6.
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erit g—f—h, vode fata hac fubftitutione colli-
gimus:

f* _sffblsf—3zh) 2h (s fom s WF
R——'[sb-—”!j ——— U:__:b)z P—-r (I-——_ll)}:

3 . Qe _ghblf—~sh)
ideoque { = =y

Ex his vero porro elicimus s
G f— sV 2B f-2h

- f—zh
3fb{+i—-— shi{sf — ¢ —~6F)
g‘- f——zb]’

Sffbhf--sb)+f—sbhf 3br+f—wb]

G=zbpF — - L TR

26. Cum iam radices huius aequationis cu~

bicae : - ‘
3" —pyz-f-gz—r=o

pracbeant tria latera a, b, ¢ trianguli guaefiti, po-

namus ad eam concinniorem reddendam

_ yv¥shlaf—sh)
~ o f—3zb

et, prodibit haec aequatio:
—(4f— s b\ yy+[(5f—6B)y—ffi2 f-3B)=0
cnius radices manifefto ﬁmt
f f s €t 2f — 3
Quocirca trianguli quacﬁtl ; quod fit ifosceles , late~

ra erunt:
B A E o)) — (ef 5 BY 5 blafm 3B

e= b= L = b -
2. Hic aitéem cafus per (& folurn et facilis,

cum recta ﬂla , in qua funt puncta data triangu-
fum
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fum in duas, partes fimiles neceffario fecet ideoque
grianguium  fit ifofceles.  Pofito autem flatim 2
principio b=a, it / =10V (4aa—cc) et AP=AQ

—AR—=AS=—j¢, tum VIO
2 A

wnde ob pun&a P, Q, R, S

c{aaa——cc)

.\-——c’ » o p— F-__"_.A——-- —— o i
PE= Py F = ﬁ’RG-‘zn-{—c'y SH= nA

coincidentia in bafis

punéto medio, quod fit O, internalla inter haec pun-~

¢ta erunt: ;
sf{ar —C )

'OE-“--OE::fﬂ'ﬂJ:EEJ,iOG"_OE: Jltad—cc)¥

c{ ag-—c)

g—-CC

OH—0E= ez

0 f-——CC

11— 7{ (g ——C)
fa—clf20—=Y, A _OF == syras—co) 5

OF-—OG:—“‘aqua— TR

gla—2¢

OH-0G= ysdaZca "

2%, Hic duos cafus conte

mplari conuenit prout

faerit vel a>¢ vel a<c, mam i a=¢, fen trian-

gulum acquilaterum,
coalefcunt 5
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HO = 725575, wnde fi 24a<sr punthum O
adeo intra H et E eadit.

29. Datis ergo in redta punéis tribus E, G
et H, ita vt G intra extrema B et H fit fitum ,
videndnm eft vtrnm fit EG<:EH an EG>;EH.

Priori cafi quo EG<;EH folutio ita fe habet.
Sit EH—=2d et EG—=d—e¢, hincque reperitur
a=b=UEY (dao)ad+e)
e=V (d+36)(3d+6), et oE=%=,
Pofteriori cafu EG>:iEH folutio erit haec:
fit EH==2d et EG=d--¢, hincque colligitur

d--e

a=b=2=2V(d-5¢)(3d-e); ¢ =" V(d-3¢)(34-¢)

2€

et OE=%EL vnde patet bunc cafum locum
habere non pofle, fi 4 intra limites 3e et z¢ con-
tineatur, Cum enim efle debet 2a>¢ neceffe eft
fit d>3e. '

30. Ex hoc cafit colligere licet, etiam in
genere folutionem concinniorem effe prodituram , fi
omiffo punéto F tria punéa E,G et H confideren~
tur, Ponamus ergo: ,

EG=e¢, GH=f et EH=F
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et aequationis & —paE-gI—r=0 radices dant
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1. Hic autem obferuo quantitates has -datas

¢, f, k non folum ita affumi- oportere , Ve triangl=

fum conftituant , fed quoniam latera trianguli guae-
- §iti a, b, ¢ tanquam pofitina fpectari poffunt , etiam
fam P quam Q et R valores pofitinos recipere de-
hent. Non folum ergo offe debet kk<2ce-i-2ff
fed etiam kk >z2ee—tff, tum Vero vt P fiat pofi~
tinum , necefle eft

fit skkS ace--ff2V et 11eeff—8f)

qua conditione cum iilis collata fequitur effe debere
fonee et < mV I g feu Jff < Hee
alioquin problema nullam admitteret folutionem.
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fit iam ee==ff=2 et kh=+; fictque
p==5Vg; g—23, et r—10V3

et latera trianguli quacfiti erunt radices huius ae-

quationis cubicae 2*—523 V3+4+232z—10Y3=0,
quae pofito ;

gz 2 abit in y*—~157y 4-69y—90=0
cujus vna radix eft =6, vade binae reliquae funt
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ficque trianguli “quaefiti latera fumt: —
gtz =V s p Vg,

" 83. Verum etiam generalius manente ee=ff
quomodocunque accipiatur k, fi ponatur 2=y —m
habetur haec aequatio refoluenda :
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cui primo fatisfacit y= 3ff, et duae reliquae radices
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a4, Reliquis cafibus negotium non tam facile
expeditur , quia aequatio cubica fatrores non admit-
tit. -Quod vt exemplo oftendatur fit e6= 35 ff=2

et kk=9; yode trianguli latera fupt radices buius

aequationis cubicae —23 V71228~ 2V 1= 03

ad quam refoluendam quacratur angulus ¢, cuivs

cofinus fit =-+V% , qui erit acutud, quo ipuento

latera trianguli. erunt:

a—=1V11 42V 5.cof( 60°—3ia) et ce=iV g1 —2V 5.
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ficque per anguli trife@ionem problema femper fa~
sis expedite refoluetur, '
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